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1
Introduction

This chapter introduces the motivation and the objective of this research. A
brief introduction on the technological advancement in modern surgery is pre-
sented, particularly how the minimally invasive surgery has enhanced the qual-
ity of the surgical outcome. The chapter highlights the technical challenges
and the gaps towards achieving the best surgical care to the patient while
minimizing the trauma during and after the surgical intervention. The re-
search objective is defined and the individual research goals are identified.
The methodology is outlined to achieve the research objective. Finally, the
chapter highlights the contributions of this research and outlines the structure
of the thesis.

1.1 Background

Modern surgery has progressed rapidly with advances in medical science and
technology. Three key developments in medical science—the control of bleed-
ing, pain, and infection—have allowed surgeons to treat any part of the body
by making a large incision to access the surgical site [16, 51]. They have a
large dexterous space and they can make all the six degrees-of-freedom move-
ments required to complete the surgical procedure. The surgical procedure
requires several layers of incision and dissection of healthy tissues. However,
unnecessary damage and trauma to healthy tissue is clearly undesirable and
can lead to post-operative pain, lengthened hospital stays, and sometimes to
serious complications. The excessive mutilation of the healthy tissues occurs
mostly to gain access to the area to perform the intended procedure rather than
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Fig. 1.1: Laparoscopic surgery using rigid instruments where internal organs are accessed
through small incisions in the abdominal wall [33]

the procedure itself [6, 34]. The advent of laparoscopic techniques—in which
rigid instruments are inserted through a small incision in the abdominal wall
to access the interior of the peritoneal cavity—to perform surgical procedures
has revolutionized the surgery in the 21st century [50]. The laparoscopic pro-
cedures have greatly reduced the excessive damage to the healthy tissues.

1.1.1 Minimally Invasive and Robotic Surgery

Minimally Invasive Surgery

Minimally invasive surgery (MIS) or a keyhole surgery is a modern technique
in which the surgical site is accessed via small incisions on the skin unlike the
larger incisions needed in the conventional surgical procedure [8]. A small cut
in the skin allow surgeons to introduce a harmless gas, such as carbon dioxide
as the insufflation gas, into the body cavity for the creation of the pneumoperi-
toneum; and, thus, it provides a large working space. A limited number of
round cannulas (trocars) are inserted through the small incisions. Long thin
instruments are introduced through the trocars to perform the necessary sur-
gical procedures inside the body of the patient (Fig. 1.1). A small camera is
also introduced through one of the trocars to observe the actions from outside.
MIS can be applied to different parts of the body. Laparoscopy refers to the
application of the technique to the abdomen.
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The introduction of laparoscopic procedures has benefited the patients im-
mensely by greatly reducing the risk of wound infections, reduced postoper-
ative pain, an earlier return to normal function, and improved patient satis-
faction [8, 50]. With the technical improvements and the developments of la-
paroscopic instruments, more and more minimally invasive interventions have
replaced the conventional open surgery.

However, laparoscopic technique has introduced several challenges by chang-
ing the way the surgeon observes and manipulates the tissue. Now, the surgeon
has to manipulate the tissue via laparoscopic instruments, inserted through
small incisions, with limited freedom of movement. The dexterity of the sur-
geon is compromised. The surgeon has no direct contact with the tissue. There
is a loss of haptic feedback (force and tactile) and natural hand-eye coordi-
nation. Nonetheless, there are clear and proven benefits to the patients. The
limitations and challenges are mainly technological and can be overcome with
technological advancement.

Robotic Surgery

The motivation to develop surgical robots is rooted in the desire to overcome
the limitations of current laparoscopic technologies and to make the clear ben-
efits of MIS more widely available. Robotic systems have the potential to im-
prove dexterity, restore proper hand-eye coordination and enhance ergonomics
of the working position, and improve visualization [32].

Dexterity is enhanced by decoupling the surgeon’s and instrument’s workspace.
The surgeon has a dexterous workspace at the surgeon’s console while manip-
ulating the remote surgical instruments via a computer (Fig. 1.2). Instruments
with increased degrees of freedom greatly improve the surgeon’s ability to ma-
nipulate instruments and tissues [34].

In addition, these robotic systems can scale movements so that long move-
ments of the control grips can be transformed into micro-motions inside the
patient. These systems are designed so that the surgeon’s hand tremor can be
compensated for at the end-effector motion. Another important advantage is
the restoration of effective hand-eye coordination and an ergonomic working
position. These robotic systems eliminate the fulcrum effect, making instru-
ment manipulation more intuitive. There is remarkable improvement in the
vision afforded by these systems. The three-dimensional view with depth per-
ception is a marked improvement over the conventional laparoscopic camera
views. However, these systems still have many limitations—efficacy, cost,
size, lack of compatible instruments and equipments,etc.
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Fig. 1.2: Surgery with a robotic system where a surgeon controls the instrument tip movements
remotely from the surgeon console [34]

1.1.2 Flexible Endoscopic Surgery

Endoscopy is a major advance in the treatment of gastrointestinal (GI) and
pulmonary diseases. The word endoscopy [48] is of Greek origin and literally
meansobserving withinor looking inside. The original concept of endoscopic
procedures was driven by the need to evaluate the inner surface (the lumen)
of internal organs [4]. Endoscopy is often performed in an outpatient setting,
and is well-tolerated by patients, allowing doctors to detect ulcers, cancers,
polyps, internal bleeding and other disorders of the GI tract and pulmonary
tree (Fig. 1.3). Endoscopic techniques are safe, cost-effective and have a very
low rate of complications.

An endoscope is a long and thin flexible tube consisting of several channels
for visualization, light transmission, suction and irrigation. Some more ac-
cess channels are provided for flexible instruments to perform various surgical
interventions (Fig. 1.4). The flexible instrument is inserted through the access
channel of the endoscope; and the instrument tip is manipulated from proximal
end of the instrument.
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Fig. 1.3: Endoscopy used to examine upper
digestive system [39]

Endoscope

Instrument

Fig. 1.4: Flexible endoscope with instru-
ment [49]

Emergence of NOTES and SILS procedures

Endoscopy was initially used for mainly diagnosis purposes. Later, therapeutic
procedures were also performed through flexible endoscopy, such as repairing
bleeding ulcers and veins, removing non-cancerous growth (polyps), or early
stage cancerous tumours, endoscopic submucosal dissection,etc. Flexible en-
doscopy is becoming increasingly invasive.

On the other hand, conventional surgery is becoming less invasive. It has
already moved from open surgery to MIS. Increasingly, more surgical proce-
dures are carried out through MIS. The list is still growing at a pace consistent
with technological improvements and surgeon’s technical skills.

Considering these two trends in medical science, it is evident that surgery
and endoscopy will eventually work closely together (Fig. 1.5). Technologi-
cal developments in this direction are already taking place and a plethora of
research among different scientific communities is reported in scientific jour-
nals [57]. This leads to two very topical and challenging research directions
both in the surgical and the engineering communities, namely Natural Orifice
Transluminal Endoscopic Surgery (NOTES) and Single Incision Laparoscopic
Surgery (SILS) [7,57].

NOTES and SILS definitely show a paradigm shift in the area of endoscopic
surgery. Several researchers have already started incorporating advance fea-
tures to the current endoscopic systems so that complex surgical manipulations
can be accomplished [58,59].
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Fig. 1.5: Merging of surgery and therapeutic endoscopy [57]

However, several important challenges, including the safety of these ap-
proaches, must be resolved before the new techniques are widely introduced
into clinical use. Moreover, currently available flexible endoscopes and instru-
ments are inadequate for performing complex surgical procedures. The next
generation endoscopic systems should include advance features like shape-
locking ability to position and then stiffen the endoscopic platform to allow
stable and robust exposure and retraction, adequate number and size of access
channels for different kinds of instruments. There is a need to develop true
flexible surgical tools for aggressive retraction of organs, tissue approximation
and deep closure [59].

There are several developments being investigated among the research com-
munities to achieve better endoscopic systems. Several leading medical device
manufacturers—such as Boston Scientific, USGI Medical, Olympus, and Karl
Storz—are already developing new generation flexible endoscopic operating
systems that promise to meet the needs of complex surgery (Fig. 1.6) [24,59].
Though these endoscopic systems have started to incorporate tools that can
enable NOTES-like procedures, they are still difficult and cumbersome to use.
They face limitations similar to those already encountered with normal laparo-
scopic procedures. Integrating robotic technology with the flexible endoscopic
system is the logical step in developing fully integrated solution. Nonetheless,
the development of such systems opens up an immense opportunity for endo-
/transluminal endoscopic surgery. A better platform, tools and techniques for
carrying out endoscopic surgery can be of great help to surgeons.
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(a) DDES (b) EOS

Fig. 1.6: (a) Direct Drive Endoscopic System prototype (DDES, Boston Scientific) [24].
(b) Endosurgical Operating System (EOS, USGI Medical) [59].

1.2 Motivation

Development of a fully integrated system—where the surgeon manipulates the
surgical instruments from his/her master console and the surgical instrument
navigates through the lumen of the body and completes the surgical interven-
tion with precision, accuracy and safety at the command of the surgeon—is the
next step towards accomplishing complex surgical procedures with minimum
trauma and damage to the healthy tissues.

A flexible endoscopic system has well understood advantages towards navi-
gating and accessing the interior organs in comparison to the rigid instruments.
A flexible instrument is guided through the endoscope. Integrating the instru-
ment with a master controller, the instrument tip can be controlled more intu-
itively and efficiently. A master-slave concept of the type shown in Fig. 1.7
can solve many of the technical challenges encountered with such integrated
endoscopic systems.

The flexible instruments have to perform more complex surgical manipula-
tions like needle steering, suturing, cutting, tissue manipulation,etc. The in-
strument tip needs an accurate positioning and orientation. The motion of the
tip should be smooth and free from unwanted jitters and sudden movements.
The tip also needs to apply requisite amount of force to complete the intended
task safely. Use of excessive force can damage the healthy tissues or organs
and can lead to undesirable outcomes. Therefore, the motion and force fidelity
of the instrument is of paramount importance for the safety of the patient as
well as for the overall performance of the system.
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Surgeon
Master

manipulator

Master side

controller

Slave side

controller

Slave

manipulator
Patient

X, F

F

x, f

f

Master Slave

Master-slave system

Fig. 1.7: Master-slave concept for robotic surgery using flexible endoscopic system

Control of the flexible instrument tip is very challenging. The motion is
not as smooth as in the case of rigid instruments. The surgeon may need to
retract and readjust for the overshoot. The tip motion is accompanied with
sudden movements. These kinds of movements, if very large, make the in-
strument unusable and unsafe. These undesirable motion characteristics of the
instrument can be compensated to some extent by a controller if the character-
istic behaviour of the instrument is known. However, a conventional controller
cannot accomplish accurate manipulation with an instrument, if the motion is
hampered by a large static friction force. Proper strategies have to be investi-
gated to improve the force transmission.

The motion and force transmission of a flexible instrument inside the access
channel of the endoscope or endoscopic platform is governed by the mechani-
cal properties of the instrument and the endoscope, contact parameters, and the
overall shape of the endoscope inside the body. The shape of the endoscope is
not fixed and depends on the surgical site. Friction and the finite stiffness of
the instrument limit the motion and force transmission. A prior knowledge of
the static and dynamic behaviour of the instrument in the presence of friction
under varying geometry of the endoscope will help in an accurate and precise
control of motion and force delivery at the instrument tip.

1.3 Research Objective

A thorough understanding of flexible instrument behaviour inside the access
channel of an endoscope is needed for its successful and safe integration in a
master-slave robotic system. This brings more transparency and confidence in
using flexible devices for clinical usage. However, the fundamental research
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towards characterizing flexible instrument behaviour inside an endoscopeis
missing. Therefore, the objective of this research is stated as:

Characterization of static and dynamic behaviour of a flexible sur-
gical instrument inside a curved rigid tube—both for translation
and rotation motion input; develop a 2-D and 3-D flexible multi-
body model; design a dedicated experimental set-up for the actu-
ation and measurement of motion and interaction forces; and to
derive strategies to improve motion and force fidelity of the instru-
ment.

1.4 Approach

In order to achieve the research objective, a flexible multibody model is de-
veloped for the instrument. A proper model for the curved tube is proposed to
define the shape of the tube. A contact model is defined, which includes the
wall stiffness, damping and the friction between the contacting surfaces.

A computer program, SPACAR [21], is used for the modelling and sim-
ulation of the flexible surgical instrument inside a curved tube. SPACAR is
a modelling and simulation tool based on finite element method (FEM) for
multibody dynamic analysis of planar and spatial mechanisms and manipula-
tors with flexible links.

The modelling and simulation has been developed in two stages. Firstly, a
2-D model is developed which is used to study the sliding behaviour of the
instrument in a planar tube. The simulation results are compared with the
analytical results. Secondly, a 3-D model is developed to study the behaviour
of the instrument both in translation and rotation. A curved rigid tube is defined
in a 3-D space. The simulation results are compared with the analytical and
the experimental results.

An experimental set-up is designed based on the technical specifications
required to validate the model and to characterize the behaviour of a range
of instruments. It can provide the required actuation, measure the input and
output motions, and measure the forces due to the interaction. The set-up
includes a measurement and a data acquisition system,i.e., real-time PC-based
system. The set-up is evaluated against the required technical specifications.

The set-up is used to validate the developed model for different motion in-
puts. The characteristic behaviour of a flexible instrument is studied for trans-
lation and rotation motion input using the developed model and the experimen-
tal set-up. The motion and force transmission of the instrument is investigated
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for unloaded and loaded case. Loading is applied at the distal end througha
spring load.

A strategy to improve the force transmission along the axial direction is
proposed based on the initial modelling and experimental results. An analytical
model is developed to study the effect of the combined motion on alleviating
friction and, thus, improving the force transmission. The developed model and
the experimental set-up are used to verify the analytical results.

The methodology adopted to achieve the research objective is summarized
as:

• Develop a 2-D flexible multibody model of an instrument to study its
sliding behaviour inside a curved rigid tube

• Design and evaluation of an experimental set-up for the validation of
the developed flexible multibody model and characterization of flexible
instruments for surgical application

• Set up a 3-D flexible multibody model of a surgical instrument to study
its translational and rotational behavior in a 3-D environment, and val-
idate the model with the experimental results

• Improve the force transmission of a flexible instrument along the axial
direction through a curved rigid tube by combining the translation input
motion with rotational motion

1.5 Contributions of the Thesis

The outcomes of this research are presented to various international confer-
ences and submitted to international journals. The scientific outputs as peer-
reviewed journal articles and conference papers are:

Journal articles

• J.P. Khatait, D.M. Brouwer, R.G.K.M. Aarts, J.L. Herder (2013). Im-
proved force transmission of a flexible surgical instrument by combined
input motion,Precision Engineering, Draft submitted.

• J.P. Khatait, D.M. Brouwer, J.P. Meijaard, R.G.K.M. Aarts, J.L. Herder
(2013). Flexible multibody modelling of a surgical instrument inside a
curved endoscope,Journal of Computational and Nonlinear Dynamics,
Under review.
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• J.P. Khatait, D.M. Brouwer, H.M.J.R. Soemers, R.G.K.M. Aarts, J.L.
Herder (2013). Design of an experimental set-up to study the behav-
ior of a flexible surgical instrument inside an endoscope,Journal of
Medical Devices, Volume 7, Issue 3, 031004(2013)(12 pages), DOI:
10.1115/1.4024660.

• J.P. Khatait, D.M. Brouwer, R.G.K.M. Aarts, J.L. Herder (2012). Mod-
eling of a flexible instrument to study its sliding behavior inside a curved
endoscope,Journal of Computational and Nonlinear Dynamics, Vol-
ume 8, Issue 3, 031002(2012)(10 pages), DOI: 10.1115/1.4007539.

Conference papers

• J.P. Khatait, D.M. Brouwer, J.P. Meijaard, R.G.K.M. Aarts, J.L. Herder
(2012). 3-D multibody modeling of a flexible surgical instrument in-
side an endoscope,ASME 2012 International Mechanical Engineering
Congress& Exposition, November 9–15, 2012, Houston, Texas, USA.

• J.P. Khatait, D.M. Brouwer, R.G.K.M. Aarts, J.L. Herder (2012). Test
Set-up to Study the Behavior of a Flexible Instrument in a Bent Tube,
ASME 2012 Design of Medical Devices Conference (DMD2012), April
10–12, 2012, Minneapolis, Minnesota, USA.

• J.P. Khatait, M. Krijnen, J.P. Meijaard, R.G.K.M. Aarts, D.M. Brouwer,
J.L. Herder (2011). Modelling and Simulation of a Flexible Endoscopic
Surgical Instrument in a Tube,ASME 2011 International Mechanical
Engineering Congress& Exposition, Volume 2, Pages 557–566, ISBN:
978-0-7918-5488-4, DOI:10.1115/IMECE2011-65189.

1.6 Outline of the Thesis

The journal articles constitute the main chapters of the thesis. The topics and
contents of the journal articles are conceived to maintain the flow and the struc-
ture of the research and, therefore, of the thesis as well. The journal articles
are self-contained and can be read independently. As they are the part of the
main research objective, they share the introduction and motivation; but they
also fulfill their individual objectives. The contents of the individual chapters
are described below.

Chapter 2describes the 2-D modelling of the flexible instrument inside a
curved rigid tube. The flexible instrument, the endoscope, and the interaction
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between the instrument and the endoscope are appropriately defined. Simula-
tions are performed for the insertion and fine manipulation of the instrument
inside the endoscope. The sliding behaviour of the instrument is characterised
under variation of the coefficient of friction and the bending stiffness of the
instrument. The stick-slip behaviour and the motion hysteresis is investigated.

Chapter 3covers the design and evaluation of the experimental set-up to
study the behaviour of a flexible instrument inside an endoscope. The design
specifications are established based on the requirements. The concepts and
the detailed design are discussed for the various modules. The performance is
evaluated against the stated specifications.

Chapter 4contains the 3-D modelling of the flexible surgical instrument in-
side a curved endoscope. A general 3-D model is developed to incorporate all
the mechanical properties of the instrument so that both translational and rota-
tional behaviour can be studied in the presence of friction. Various simulations
are performed for the axially-loaded and no-load cases. The simulation results
are compared with the analytical capstan equation. Various experiments are
performed using the designed set-up and the results are used to validate the
developed model.

Chapter 5describes the strategy to improve force transmission of a flexible
instrument along the axial direction by combining the translation motion in-
put with the rotation input. An analytical formula is derived and the effect of
the combined motion is studied. It is shown that friction force along the axial
direction can be reduced by combining the translation motion input with the ro-
tation input. The developed 3-D model is used to perform various simulations
and the results are compared with the analytical results. Several experiments
are performed with constant translation motion input combined with constant
and sinusoidal rotational motion input. Input and output forces are measured
and the results are presented.

Chapter 6concludes the research findings. The individual contributions of
each chapter are discussed with respect to the overall research objective. It
also highlights the recommendations which can be pursued further to achieve
the underlined research objective.



2
Modelling of a Flexible

Instrument to Study itsSliding
Behaviour Inside a Curved

Endoscope

Flexible instruments are increasingly used to carry out surgical procedures.
The instrument tip is remotely controlled by the surgeon. The flexibility of the
instrument and the friction inside the curved endoscope jeopardize the control
of the instrument tip. Characterization of the surgical instrument behaviour
enables the control of the tip motion. A flexible multibody modelling approach
was used to study the sliding behaviour of the instrument inside a curved en-
doscope. The surgical instrument was modelled as a series of interconnected
planar beam elements. The curved endoscope was modelled as a rigid curved
tube. A static friction based contact model was implemented. The simulations
were carried out both for the insertion of the flexible instrument and for fine
manipulation. A computer program SPACAR was used for the modelling and
simulation. The simulation result shows the stick-slip behaviour and the mo-
tion hysteresis because of the friction. The coefficient of friction has a large
influence on the motion hysteresis, whereas the bending rigidity of the instru-
ment has little influence.

J.P. Khatait, D.M. Brouwer, R.G.K.M. Aarts, & J.L. Herder (2012). Modeling
of a flexible instrument to study its sliding behavior inside a curved endo-
scope,Journal of Computational and Nonlinear Dynamics, 8(3), 031002(Oct
30, 2012)(10 pages). [DOI: 10.1115/1.4007539]
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2.1 Introduction

Surgical robotic systems are revolutionizing healthcare and medical services.
Minimally-Invasive-Surgery (MIS), also termed as laparoscopic surgery, has
greatly reduced the unnecessary damage and trauma to healthy tissues, leading
to faster recovery, reduced infection rate, and reduced post-operative compli-
cations. Most of the limitations imposed by the conventional laparoscopic sys-
tem are well addressed by the surgical robotic system by increasing dexterity,
restoring proper hand-eye coordination and an ergonomic working position,
and improving visualization [14, 32]. Furthermore, the ability of integrating
and interfacing with various technologies has expanded the horizon of these
robotic systems.

The state-of-the-art robotic surgery systems employ rigid instruments [6].
However, with conventional colonoscopy and with the emergence of Natural
Orifice Transluminal Endoscopic Surgery (NOTES) and Single Incision La-
paroscopic Surgery (SILS) procedures, the use of flexible instruments is in-
evitable. These flexible instruments are fed through access channels provided
in the endoscope or endoscopic platform. The instrument tip is remotely con-
trolled. The inherent flexibility of the instrument, coupled with the friction
inside the endoscope channel and the convoluted shape of the endoscope in-
side the body, makes the control of the instrument tip difficult and cumber-
some. As the flexible endoscopy continues evolving more into a therapeutic
tool and as the endoscopic procedures are becoming more invasive, the sur-
gical instruments require complex manipulations [7, 57]. The instrument tip
needs to deliver a certain amount of force or to orient in a particular way. The
motion and force fidelity of these instruments is critical for achieving good
surgical outcomes.

In an endoscope-like surgical system, the instrument is controlled from the
proximal end [57]. Nonlinearities are introduced in motion transmission by the
friction forces between the instrument and the access channel. Moreover, the
shape of the endoscope is not fixed. It changes depending on the location of
the surgical site. There will be a change in the force/torque delivered, which is
dependent on the friction properties and the shape of the contacting surfaces.
Since it is difficult to place the sensors at the distal end of the instrument,
the actual position and the force delivered at the instrument tip are difficult to
estimate and control. This makes the control of the instrument tip difficult and
challenging.

A thorough understanding of the flexible instrument behaviour inside the
access channel of the endoscope can lead to proper design of controller and
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eventually leads to automatic control of the instrument tip for desired motion
or force. This also leads to design of the instruments not only for the func-
tionality but also for the control. The focus of this paper is to understand the
sliding behaviour of the flexible instrument inside a curved endoscope in the
presence of friction. The shape of the curve and the bending rigidity of the
instrument can have large influence on the sliding behaviour of the instrument.
The rotational behaviour of the instrument and the experimental validation of
simulation results will be addressed in future work and, therefore, out of the
scope of this paper. This paper addresses only the unloaded case,i.e., there is
no load applied at the instrument tip.

A flexible multibody modelling approach has been used in the past to study
the nonlinear dynamic behaviour of a flexible drive-shaft. Ten Hoff[60] has
used a flexible multibody model to study the behaviour of a catheter for in-
travascular imaging. Jansen [19] has used similar approach for the modelling
of oil drillstring to study its nonlinear dynamics. Though the application is
very diverse, the nature of the problem is very similar. In this paper, the flexi-
ble multibody modelling approach was also used.

In this paper, an endoscope refers to flexible endoscope typically used for
the examination of gastrointestinal tract, for example, during colonoscopy and
gastroscopy procedures. The instrument refers to the flexible instruments used
for biopsy or for simple surgical procedures, which are fed through the access
channel of the endoscope. The proximal end of the instrument is the base end
from where the surgeon manipulates the instrument. The distal end is the tip
of the instrument which interacts with the tissue directly.

The model of the instrument was defined using similar approach. The mod-
elling of the flexible surgical instrument is described in Section 2.2. The model
of the flexible instrument together with that of the curved endoscope is given.
Contact model is also described. Section 2.3 describes the simulation for the
insertion and fine manipulation of the instrument. Translation motion was
given as an input motion to the proximal end. The forces exerted at the dis-
tal node and all intermediate nodes were observed in the presence of different
coefficients of friction. Simulations were carried out for fine manipulation by
giving sinusoidal motion along the axis of the tube at the proximal end. The
motion at the end tip were observed for different coefficients of friction and for
different values of bending rigidities for the instrument. The effect of friction
and that of bending rigidity were studied and discussed in Section 2.3.2. The
modelling and simulation of the instrument inside the curved tube is discussed
in Section 2.4. The conclusion is presented at the end.
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Fig. 2.1: Model of the instrument with the curved tube at the beginning of insertion

2.2 Modelling of a Surgical Instrument Inside a Curved
Endoscope

A flexible multibody modelling approach was used for the modelling of a
flexible surgical instrument inside an access channel of a curved endoscope.
The surgical instrument was modelled as a series of interconnected two-noded
beam elements. The beam elements were connected in series, defining the full
length of the instrument. A curved rigid tube of uniform circular cross-section
was used to define the shape of the access channel of the curved endoscope.
The shape of the curved tube was defined by a centre line. The size of the
access channel was defined by the tube diameter. As the instrument was fed
through the access channel and being manipulated, the instrument was always
confined within the access channel. The contact between the instrument and
the inside wall of the access channel was defined at the nodes of the beam el-
ements. As the node penetrates the inside wall of the tube, reaction force is
exerted at the nodes.

A computer program, SPACAR [21], is used for the modelling and sim-
ulation of the flexible surgical instrument inside a curved tube. SPACAR is
a modelling and simulation tool based on finite element method (FEM) for
multibody dynamic analysis of planar and spatial mechanisms and manipula-
tors with flexible links.

The model of the flexible instrument together with the model of the curved
tube is shown in Fig. 2.1. The origin of the fixed coordinate system, O, is
situated at the beginning of the tube and the initial tangential direction is the
x-axis. The encircled number,n©, represents thenth beam element. The node 1
is the tip of the instrument.

The FEM model of the instrument is described in Section 2.2.1. The model
of the curved endoscope is presented in Section 2.2.2. Parametric form of a
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Bézier curve is given. The equation for the orthogonal vectors at the point of
contact is presented. Contact model is given in Section 2.2.3. Normal force
because of interaction at the point of contact is obtained. Depending on the
sliding motion at the point of contact, tangential force is exerted at the node
based on the friction model.

2.2.1 Finite Element Model of the Surgical Instrument

The surgical instrument was modelled as a series of interconnected planar
beams elements. The planar beam elements are connected at common nodal
points and the assembly of all elements describes the entire length of the in-
strument. The finite element model of the instrument is shown in Fig. 2.1.

The location of each elementk is described relative to a fixed coordinate
system (xy) by a set of nodal coordinatesx(k). It includes the Cartesian co-
ordinates of the element nodes and the rotation angles describing the angular
orientation of the base vectors rigidly attached at the nodes.

With respect to some reference configuration of the element, the instanta-
neous values of the nodal coordinates represent a fixed number of independent
deformation modes for the element. The deformation modes are specified by
a set of generalized deformation mode coordinatese(k)

i . The vector of gener-
alized deformation mode coordinatese(k) is expressed as analytical function
of the vector of element nodal coordinatesx(k). These functions are known
as deformation functions. They are expressed as a vector functionD

(k), as
follows [21,63]

e(k) = D
(k)(x(k)) (2.1)

or, in component form
e(k)

i = D
(k)
i (x(k)) (2.2)

wherei represents the deformation mode number. The number of deforma-
tion modes is equal to the number of nodal coordinates minus the number of
degrees of freedom of the element as a rigid body.

A detailed description of the planar beam element is given in Appendix A.
The kinematic and dynamic model is described in the following section with a
discussion on the practical limitations of the model.

Equations of Motion

Kinematic Analysis
The kinematic model was built up by assembling the finite elements. The
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elements are connected at the common nodal points. The vector of nodal coor-
dinatesx, thus formed, defines the configuration of the instrument. The vector
x is, therefore, given by

x = [x1 x2 ... xnx]
T (2.3)

wherenx represents the total number of nodal coordinates.
The vector of deformation modese of all elements are then written as a

vector function of the nodal coordinates




e1
...

ene





=





D1(x)
...

Dne(x)





(2.4)

or,
e = D(x) (2.5)

wherene is the number of deformation mode coordinates. Kinematic con-
straints are introduced by imposing conditions on both nodal coordinatesxi

and deformation mode coordinatesei .
The configuration and the deformation state of the instrument is defined by

the independent generalized coordinatesqi . The vector of all the independent
generalized coordinatesq is, therefore, called the vector of degrees of freedom.
It includes the vector of independent generalized nodal coordinatesx(m) and the
vector of independent deformation mode coordinatese(m)

q =
[

x(m)

e(m)

]

(2.6)

The motion of the instrument is described by the vectorq. The solution is
expressed by the functions as

x = F
(x)(q) (2.7a)

e = F
(e)(q) (2.7b)

whereF (x) andF (e) are called the geometric transfer functions. The geometric
transfer functions cannot be calculated explicitly from Eqn. (2.5). They have
to be numerically determined in an iterative way [21].

The velocity vectorṡx andė are obtained by differentiating Eqn. (2.7) with
respect to time

ẋ = DF
(x)q̇ (2.8a)

ė = DF
(e)q̇ (2.8b)
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where the differentiation operatorD represents the partial differentiation with
respect to the vectorq. Here,DF

(x) andDF
(e) are known as the first-order

geometric transfer functions. Differentiating Eqn. (2.8) again with respect to
time yields the acceleration vectorsẍ andë

ẍ = (D2
F

(x)q̇)q̇ + DF
(x)q̈ (2.9a)

ë = (D2
F

(e)q̇)q̇ + DF
(e)q̈ (2.9b)

whereD2
F

(x) andD2
F

(e) are the second-order geometric transfer functions.

Dynamic Analysis
In a dynamic analysis, the equation of motion is solved. The equations relate
forces and torques to positions, velocities, and accelerations. The inertia prop-
erties of the concentrated and distributed mass of the elements are described by
means of lumped and consistent mass matrices [20]. The global mass matrix
is obtained by assembling the lumped and consistent element mass matrices.
Stiffness properties are also defined for the flexible elements by means of stiff-
ness matrices relating stress resultants and deformations.

The equations of motion are derived using the principle of virtual power and
the principle of d’Alembert. By making use of the geometric transfer function
(Eqn. (2.7)), the equations of motion are written as a set of second order ordi-
nary differential equations for the independent generalized coordinatesq. The
detailed description and derivation of kinematic and dynamic analysis of ele-
ments are beyond the scope of this paper and the readers are referred to [20,63].

Numerical Integration Methods
The equations of motion are solved numerically using SPACAR. It has a com-
prehensive list of integrators, which includes various explicit, implicit, and
semi-implicit methods [41,53]. It has Shampine-Gordon based multistep predictor-
corrector method as the default integrator. This is an explicit method with a
variable time step. Explicit methods of Runge-Kutta type of different orders,
and of fixed and variable step size, are also available. A family of semi-implicit
methods, which belong to the class of Runge-Kutta-Rosenbrock methods, can
be also used.

We used the Shampine-Gordon based integrator for this problem. An initial
time step of 1.0×10−3 s was chosen. An error tolerance of 5.0×10−7 was used
for the solution. The error tolerance is used to control the step size in each step
of the integration process.
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Discussion

To describe the complex shape of the surgical instrument, multiple beam ele-
ments are connected. More beam elements are required to accurately model
the instrument behaviour inside a tube with a complex shape. The higher the
curvature of the tube, the smaller the length of beam element is required. That
also means more beam elements are required for the same length of the instru-
ment. A length ratio (le/Rmin) can be defined, wherele is the element length
andRmin is the minimum radius of curvature of the tube. As the instrument is
always confined within the tube, this also ensures limited deformation within
an individual element. This is also equal to the angle subtended by the element
at the centre of curvature. Moreover, more elements also mean high computa-
tional time required for the simulation. An element length, corresponding to
15 deg angle subtended, has been used for the study of rotation transmission
behaviour of a flexible drive-shaft [60]. This corresponds to the length ratio of
0.26. This is used as the basis for the selection of number of elements.

In the simulations, the curvature of the tube is reduced with respect to
real anatomical features. This leads to fewer number of elements required to
capture the typical characteristics without unduly increasing the computation
time. This paper focuses on characteristic behaviour of the instrument inside
a curved tube in translation. However, modelling is an iterative process and
depending on accuracy required, the model may have to be refined.

2.2.2 Model of an Access Channel of a Curved Endoscope

The access channel in the curved endoscope was modelled as a rigid curved
tube. The curved shape of the tube was defined by a centre line. The centre
line of the tube can be defined by a straight line, a circular arc, a Bézier curve,
or a combination of these. Figure 2.2 illustrates a part of a curved tube defined
by a B́ezier curve. The curve defines the centre line of the tube. The first
control pointP1 and the last control pointP4 define the end points of the curve.
Intermediate control pointsP2 and P3 influence the path of the curve. The
first two and the last two control points define lines which are tangent to the
beginning and the end of the curve [9]. Any pointP(u) =

[

x(u) y(u)
]

on a
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Fig. 2.2: Cubic B́ezier curve defined by four points

parametric cubic B́ezier curve is given by

P(u)= (1− u)3P1 + 3u(1− u)2P2 + 3u2(1− u)P3 + u3P4

=
[

(1− u)3 3u(1− u)2 3u2(1− u) u3
]





P1

P2

P3

P4





(2.10)

where the parameter 0≤ u ≤ 1 and the control pointsP1, P2, P3, andP4 define
a Bézier polygon. Equation (2.10) can be written in algebraic form as

P(u)= a1 + a2u+ a3u2 + a4u3

=
[

1 u u2 u3
]

[a1 a2 a3 a4]T

=
[

1 u u2 u3
]

[A] (2.11)

whereai is the vector-valued algebraic coefficients. From Eqn. (2.10) and
Eqn. (2.11),A can be written as

A =





a1

a2

a3

a4





=





P1

−3P1 + 3P2

3P1 − 6P2 + 3P3

−P1 + 3P2 − 3P3 + P4





(2.12)

A tangent vector at any point on the curve is given by the parametric deriva-
tive of the curve. The parametric derivative of a cubic Bézier curve from
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Eqn. (2.11) is

P′(u) =
[

0 1 2u 3u2
]

[A] (2.13)

Normal From a Point Po to the Centre Line

When the beam is in contact with the inner wall of the tube, the interaction
force acts at the node. This requires calculation of the normal and tangent at
the contact point. The normal distance between a pointPo and a curveP(u)
is the length of the line perpendicular to a tangent to the curve, as shown in
Fig. 2.3. The problem is to find the value ofu which locatesPc, the point
on the curve where a line fromPo is perpendicular to the tangent line. The
vector fromPo to the curve is (Pc − Po). The tangent vectorP′c is given by the
parametric derivative of the curve at pointPc (Eqn. (2.13)). For this vector and
the tangent vector to be perpendicular

(Pc − Po) · P′c = 0 (2.14)

In terms of the algebraic coefficients describingPc (Eqn. (2.11)), Eqn. (2.14)
can be expanded to give

c0 + c1u+ c2u2 + c3u3 + c4u4 + c5u5 = 0 (2.15)

where

c0 = a1 · a2 − Po · a2

c1 = 2a1 · a3 + a2 · a2 − 2Po · a3

c2 = 3a1 · a4 + 3a2 · a3 − 3Po · a4

c3 = 4a2 · a4 + 2a3 · a3

c4 = 5a3 · a4

c5 = 3a4 · a4

Equation (2.15) is solved foru between 0 and 1, yielding one or more real
roots. The point on the B́ezier curve, thus obtained by putting the value ofu in
Eqn. (2.10), locates the pointPc. The normal distancednormal, is given by

dnormal = |Pc − Po| (2.16)

If the pointPo is in the vicinity of the curve in such a way thatdnormal is smaller
than the minimum radius of curvature,Rmin of the B́ezier curve, there will be a
unique solution for the most of the cases, which can represent the anatomical
features. Nevertheless, the uniqueness of the solution is checked before the
simulation is carried out.



2.2. Modelling of a Surgical Instrument 23

Beam

Centre line

u
P(u)

P(0)

P(1)

Pc P′c

Po

dnormal

ê1
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Fig. 2.3: Normal distance between a point,Po, and a B́ezier curve. Orthogonal vectors are also
shown at the contact node.

Defining Normal and Tangential Directions at the Contact Node

There are two orthogonal vectors defined at the contact node (Fig. 2.3). The
unit vector along the normalê1 is defined by

ê1 =
(Po − Pc)
|Po − Pc|

(2.17)

The tangent at the base pointPc on the centre line of the curve defines the
second orthogonal unit vectorê2

ê2 =
P′c
|P′c|

(2.18)

2.2.3 Interaction of Beam with Inner Wall of Tube

The contact between the beam and the wall is defined at the nodes of the beam
elements. As the node approaches the wall, the node experiences an equivalent
normal force depending on the depth of penetration and the rate of penetration.
Wall stiffness and damping are defined normal to the surface. Friction at the
contact point is also defined. Therefore, depending on whether there is any
sliding motion at the contact point or not, the node can experience a friction
force in the tangential direction.

There are three contact regions defined depending on the position of the
node (Fig. 2.4) [60]:

• Region I: No contact

• Region II: Transition
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Fig. 2.4: Three regions of contact

• Region III: Full contact

Region I defines the zone when there is no contact at all. Region III is the
zone where the beam is in full contact with the inner wall of the tube and there
is a linear increase in the normal reaction force with a defined slope (equal
to the wall stiffness). Region II defines the transition zone where the reaction
force starts increasing from zero as the beam comes in contact with the inner
surface of the tube. TheC1 continuity, that is, the continuity of the force and
the tangent stiffness, is considered for the derivation of the fitting polynomial
in the transition zone.

Betweena andb the reaction force due to the wall stiffness increases accord-
ing to a second order polynomial (Fig. 2.5). Similarly, the reaction force due
to wall damping increases according to a third order polynomial in the transi-
tion zone. The damping force is zero in Region I. There is linear damping in
Region III.

Therefore, the net normal reaction forceFn, depending on the normal dis-
placementxn and the normal velocityvn, is given by

Fn =






0 if xn < a
−(k/2)(b− a)ξ2 − cw(3− 2ξ)ξ2vn if a ≤ xn ≤ b
−k(b− a)(ξ − 1/2)− cwvn if xn > b

(2.19)

whereξ is dimensionless parameter defined asξ = (xn − a)/(b− a), k is the
wall stiffness, andcw is the wall damping coefficient. Here,vn is the velocity
in the normal direction.

Friction Force

A static friction model, in which the friction force depends on the normal force
and the relative velocity only, is used for the calculation of friction forces. The
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Fig. 2.5: Modelling of contact between the beam and inner wall of the tube

friction model is based on the Coulomb model and has a continuous depen-
dence on the sliding velocity near the zero sliding velocity region

Fc = −µFn (2.20a)

Ft = Fc tanh(cvvt) (2.20b)

whereµ is the coefficient of friction between the contacting surfaces. Here,Fn

is the normal reaction force acting at the node (Eqn. (2.19)). Equation (2.20a)
gives the Coulomb friction. Equation (2.20b) is the continuous model, where
cv is the velocity coefficient which determines the width of the transition region
near zero sliding velocityvt. Equation (2.20b) is used in the simulation as the
friction force converges quickly to the Coulomb friction for increasing sliding
speeds.

Figure 2.6 shows the comparison of the continuous model for different val-
ues of velocity coefficientcv. The plots are compared with the Coulomb fric-
tion model. The friction force is normalized against the maximum friction
forceµFn. The normalized friction force is plotted against the sliding velocity
vt. The friction force rises continuously and quickly in the transition region
near the zero sliding velocity. The transition region is narrower for higher val-
ues of the velocity coefficientcv. The continuous friction model helps in terms
of computation time. However, if the transition region is too narrow, the com-
putation time again starts increasing considerably. Therefore, the parametercv

is optimized in such a way that the model converges quickly and the Coulomb
friction is still approached. We used a value of 1.0×104 (m/s)−1 for the velocity
coefficientcv in the simulations.
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Fig. 2.6: Comparison of continuous friction model based on Coulomb for various values of
velocity coefficient,cv

Resultant Force Acting at The Node

A friction force always acts in the opposite direction of the motion on the
tangent plane at the point of contact. Ifv is the instantaneous velocity vector
of the node in contact, it can be written as

v = (v · ê1)ê1
︸    ︷︷    ︸

normal to the wall

+ (v · ê2)ê2
︸    ︷︷    ︸

on tangent plane

(2.21)

The first component on the right hand side of Eqn. (2.21) defines the velocity
componentvn, which is acting normal to the wall. The other component de-
fines the motion on the tangent planevt. Therefore, the unit vector along the
direction of motion on the tangent plane is given by

êt =
(v · ê2)ê2

|(v · ê2)ê2|
(2.22)

Figure 2.7 shows the normal and tangential directions at the point of contact
P.

Therefore, the resultant force acting at the interacting node by the inner wall
of the tube is given by

Ftot = Fnên + Ftêt (2.23)

whereFn andFt are the normal and tangential forces given by Eqn. (2.19) and
Eqn. (2.20) respectively. Here,ên is the unit vector along the normal direction
and equal tôe1 (Eqn. (2.17)) and̂et the unit vector along the resultant motion
in the tangent direction (Eqn. (2.22)).
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2.2.4 Discussion

The model of the instrument is defined using planar beam element. It is as-
sumed that the deformation in the individual elements are small. However, the
entire instrument can show large deformation. When the instrument interacts
with the wall of the access channel of the instrument, it is assumed that the
endoscope does not deform. Though the endoscope itself is very flexible in
bending, it may not deform because of the interaction with the instrument in
unloaded condition. It is also assumed that there is no interaction with the tis-
sues at the tip. Nevertheless, the magnitude of the resultant force can give an
indication whether the assumption is valid. The wall of the tube is defined by
wall stiffness and damping ratio. The damping allows better convergence and
non-oscillating behaviour.

2.3 Simulation

Simulation can provide insight into instrument behaviour during its insertion
and fine manipulation thereafter. We are interested in the following attributes
of the instrument:

• Force exerted on the instrument by the tube wall

• Maximum stress developed in the instrument

• Motion transmission at the tip

• Force transmission at the tip
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The first two quantities will affect the life time of the instrument. Higher forces
exerted on the instrument can lead to higher frictional wear. The maximum
stress level provides a guideline to the instrument designers. Motion and force
transmission characteristics are important for control purposes. Motion hys-
teresis can give rise to many control problems. Force transmission is important
when the instrument tip is interacting with the tissues.

Table 2.1: Mechanical properties

Mechanical Property Unit Stainless steel KevlarR© Nylon
Density,ρ (103 kg/m3) 7.8 1.44 1.04
Modulus of elasticity,E (109 N/m2) 200 80 3

Table 2.2: Parameters for FEM calculations

Parameter Unit SS wire KevlarR© wire Nylon wire
Diameter mm 0.50 0.50 0.50
Mass/length (10−3 kg/m) 1.53 0.283 0.204
Rotational inertia/length (10−11 kg.m2/m) 2.39 0.442 0.319
Axial stiffness,EA (103 N) 39.3 15.7 0.589
Bending rigidity,EI (10−6 N.m2) 614 245 9.20

The following parameters are chosen as variables for the simulation:

• Stiffness of the instrument

• Friction between the instrument and the tube

• Shape of the tube

• Clearance in the tube

We chose three different materials—stainless steel (SS), KevlarR©, and nylon
wire—for the study. They can cover different stiffness ranges for the instru-
ment. The material properties are given in Tab. 2.1 [10, 13]. The shape of the
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tube can be varied by choosing different shapes for the centreline defining the
tube. Circular arcs of 90◦ and B́ezier curves are used for the simulation. Differ-
ent friction values (µ= 0.2,0.5,and1.0) are used for the various simulations.
Clearance in the tube can have a large influence on the instrument behaviour.
However, the effect of clearance is not studied in this paper. The clearance can
be fixed for the most practical cases and it is minimal. The clearance in all the
simulations are fixed and exaggerated to provide more insight.

In SPACAR, the mechanical properties are defined with the following input
parameters:

• Mass per unit length

• Axial stiffness,EA

• Bending rigidity,EI

We chose a wire of diameter 0.5 mm. Input parameters are calculated accord-
ingly for the different materials. They are shown in Tab. 2.2.

2.3.1 Simulation of Flexible Beam Insertion

Simulation of the insertion of the flexible instrument is carried out in SPACAR
as shown in Fig. 2.1. The instrument is constrained in rotation at the proximal
end and the input motion is applied at the node along the axial direction, i.e.
the x-axis. A constant linear velocity, 0.010 m/s, is applied at the proximal
end till the distal end, the node 1, is already out of the curved tube. A constant
acceleration, 0.010 m/s2, is applied in the beginning. Similarly, a constant
deceleration, 0.010 m/s2, is applied at the end, so that the initial and final ve-
locities are zero (Fig. 2.8). It remains at rest after the insertion. A 0.9 m length
of the instrument is inserted inside the curved tube. After the complete inser-
tion of the instrument, the distal end is already out of the tube. Here, the total
length of the instrument considered is 1.0 m. The number of elements used to
define the entire length of the instrument is 10.

The curved tube has circular cross-section. Two inner diameters are defined.
Da is the diameter when the transition zone starts, andDb is the diameter when
the full contact begins. Here,Da is 4.0 mm andDb is 5.0 mm. The wall
stiffness,k, used for the model is 1.0× 103 N/m.

The shape of the tube is defined by an arc of 90 deg with straight sections
at both ends of the arc. The radius of the arc is 0.5 m. The arc defines the
centre line of the tube. The straight section in the beginning of the curved
tube provides a guide way to the instrument and ensures that the instrument
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Fig. 2.8: Input motion profile for the insertion

does not buckle under the influence of interacting forces in the beginning of
the insertion.

Figure 2.9 shows the plot of forces acting at the first two translational nodes
at the distal end when the instrument is inserted into the tube. Only the first
two translational nodes are considered for the sake of clarity, though similar
plots can be obtained for all the nodes. The friction is assumed to be zero.
A stainless steel wire of diameter 0.5 mm is considered for the instrument.
X1 andX2 are the nodal positions of the first two translational nodes.F1
andF2 are the total interaction force acting at the respective nodes. It can be
observed that the end node is making contact with the outer wall of the tube
all the time, whereas the penultimate node is making contact with the inner
wall as expected. Figure 2.10 shows the magnitude of forces acting at the
first four distal nodes. The penultimate node experiences a larger force in the
beginning when the end node started making contact with the tube. As the
instrument advances further into the tube, the first two distal nodes experience
larger forces compared to other nodes.

Similarly, a tube can be also defined using a Bézier curve. The control
points, which define the B́ezier curve, areP1(0.0,0.0),P2(0.6,0.0),P3(0.0,−0.4),
andP4(0.6,−0.4). Figure 2.11 shows the plot of forces acting at the first two
distal nodes when the instrument is inserted into the tube. Straight sections are
defined at the entry and exit of the tube. The friction is assumed to be zero. A
stainless steel wire of diameter 0.5 mm is considered for the instrument. The
end node is experiencing a larger force as it goes through the first bend and
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Fig. 2.9: Time history of the forces exerted at nodes 1 and 2 while inserting in circular tube
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Fig. 2.10: Time history of the forces exerted at first four distal nodes while inserting in circular
tube (µ= 0.0)

then slowly decreases as the tube straightens. As the node advances further
into the second bend, it experiences larger forces again. It can be observed
that it is making contact with the concave surface, i.e. the outer wall of the
tube. The penultimate node makes contact with the inner wall of the tube and
the force acting at the node varies in a similar fashion. Figure 2.12 shows the
magnitude of forces acting at the first four distal nodes as it moves inside the
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tube. The magnitude of forces acting at the various nodes are higher at the
penultimate node. Node 1 is the distal end.

Number of Elements The total number of elements used to define the en-
tire length of the flexible instrument can have significant effect on the charac-
teristic behaviour of the instrument. The total force exerted on the instrument
while inserting in the tube can be compared with respect to the total number
of elements used. Figure 2.13 shows the plot of the total force exerted by the
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Fig. 2.13: Total force exerted on the instrument while inserting in a circular tube (µ = 0.5).
Total force is compared for different number of elements.

wall on the instrument as it advances through the circular tube. The coefficient
of friction between the inner wall of the tube and the instrument is 0.5. The
number of elements used are 6, 8, 10, 12, 16, and 20. The figure shows the
magnitude of the total force exerted on the instrument.

The plots for 6 and 8 elements show little deviation from the rest. The
plots corresponding to 10, 12, 16, and 20 elements show convergence. On
the other hand, the increased number of elements has a lot of overhead on the
computation time. Therefore, we used 10 elements for the flexible instrument
for various simulations. However, it is still subjected to the validation and the
model can be refined as needed.

2.3.2 Simulation of Fine Manipulation

A simulation of fine manipulation is carried out by firstly inserting the instru-
ment completely inside the tube and then manipulating the tip by applying a
small stroke input motion to the proximal end. The sine input motion is applied
as follows

x(t) = Asin(ωt) (2.24a)

ẋ(t) = ωAcos(ωt) (2.24b)

ẍ(t) = −ω2Asin(ωt) (2.24c)

whereA is the amplitude of motion, andω = 2π fn. Here, the amplitude is cho-
sen asA = 10 mm and the frequency,fn, as 1 Hz. Here,x(t), ẋ(t), andẍ(t) are
the displacement, velocity, and acceleration applied at the input node, respec-
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tively. In the present work, we are only considering the unloaded condition.
There is no load applied at the instrument tip.

A stainless steel wire of diameter 0.5 mm is manipulated inside a circu-
lar tube. The coefficient of friction,µ, is 0.2. Figure 2.14 shows the plot of
motion hysteresis. Displacement of the end node along the translation axis is
plotted against the input displacement. Figure 2.15 shows the comparison of
the translation velocity of the output and input node. The instantaneous ve-
locity of the end node along the translation axis is plotted against the input
velocity. Stick-slip bahaviour can be observed from the figure. This can lead
to sudden movements and it can be very difficult to precisely control the tip
motion.

Effect of Friction on Motion Hysteresis

In order to understand the influence of the friction parameter on motion hys-
teresis, a stainless steel wire 0.5 mm in diameter is manipulated inside the
Bézier tube for different coefficients of friction (µ= 0.2,0.5,and1.0). The
displacement of the end node along the translation axis is plotted against the
input displacement for each case. Figure 2.16 shows the effect of friction on
motion hysteresis. Friction has a large influence on the motion hysteresis. The
backlash is larger and even unpredictable as the friction increases.
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Effect of Bending Rigidity on Motion Hysteresis

The bending rigidity of the instrument can have similar impact on the motion
hysteresis. We can get different bending rigidity for the instrument by choosing
different material properties. Therefore, we chose stainless steel, KevlarR©, and
nylon wires 0.5 mm in diameter. In this case, we fixed the value ofµ to 0.5.
The same B́ezier tube is used as a guiding tube. The dimensions of the tube
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and of the instrument are kept constant for all the cases. This allows same
clearance between the instrument and the tube. Again, the displacement of the
end node is compared with the input displacement for each case. Figure 2.17
shows the influence of the bending rigidity on motion hysteresis. All the three
plots show similar variation irrespective of different bending rigidities chosen
for the instrument. There is no significant difference observed in the three
plots.

2.4 Discussion

The simulation of the instrument insertion provides an insight on how the
forces get build up because of friction, limited stiffness of the instrument, and
the shape of the tube. At the same time it provides initial configuration for the
instrument for further small motion hysteresis simulation. The simulation re-
sult also shows the stick-slip behaviour because of the friction. This can have
very detrimental effect on control of the instrument. The sudden movement of
the tip is undesirable and may not be suitable for some surgical procedures.
Qualitative study of such phenomenon may not be sufficient and further inves-
tigation is necessary.

Motion hysteresis is observed in the simulation results. The coefficient of
friction has a large influence. Smaller friction values have very little effect on
the motion hysteresis. However, as the friction value is increasing, the mo-
tion hysteresis is getting worse (Fig. 2.16). For a higher value of friction, the
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friction force is higher for the same normal reaction force at the contact node.
This results into a larger force in the axial direction, and causes compressive
load during insertion and tensile force during retraction. This can eventually
lead to a large motion hysteresis. In many cases, it may render the instrument
useless or it might be even dangerous to use.

The simulation results for the motion hysteresis do not show much depen-
dence on the stiffness values of the instrument for the same value of friction
coefficient (Fig. 2.17). This can be expected as the virtual backlash due to fric-
tion depends on the normal reaction force and stiffness [55]. In this case both
the friction force caused by the normal reaction force, and the driving stiffness
of the instrument are directly proportional to the Young’s modulus. Therefore
the stiffness has no influence on the virtual backlash.

In this paper, only the unloaded case has been considered, i.e. there is no
load applied at the instrument tip, and the modelling assumptions may be valid
for this case only. The instrument tip interacting with the tissues can have
different dynamics and may need a 3-D approach.

The combined translational and rotational behaviour of the instrument re-
quires a 3-D modelling approach and will be presented in the future work. The
validation will be addressed separately.

2.5 Conclusion

A planar model of a flexible instrument inside a tube was set up. A static
friction based contact model was implemented. The motion hysteresis and
stick-slip behaviour were observed in the simulations. Friction has a large in-
fluence on the performance of the instrument. The motion hysteresis is large
for higher value of friction. However, it appears that the bending stiffness has
little influence on the motion hysteresis for the same value of friction coeffi-
cient.
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3
Design of an ExperimentalSet-up

to Study theBehavior of a
FlexibleSurgical Instrument

Inside an Endoscope
The success of flexible instruments in surgery requires high motion and force
fidelity, and controllability of the tip. However, the friction and the limited
stiffness of such instruments limit the motion and force transmission of the in-
strument. In a previous study, we developed a flexible multibody model of a
surgical instrument inside an endoscope to study the effect of friction, bend-
ing and rotational stiffness of the instrument, and clearance on the motion
hysteresis and the force transmission. In this paper, we present the design and
evaluation of an experimental set-up for the validation of the flexible multibody
model and the characterization of the instruments. A modular design was con-
ceived based on three key functionalities: the actuation from the proximal end,
the displacement measurement of the distal end, and the measurement of the
interaction force. The exactly constrained actuation module achieves indepen-
dent translation and rotation of the proximal end. The axial displacement and
the rotation of the distal end are measured contactless via a specifically de-
signed air bearing guided cam through laser displacement sensors. The errors
in the static measurement are 15µm in translation and 0.15 degree in rotation.
Six 1-DOF load cell modules using flexures measure the interaction forces and
moments with an error of 0.8 % and 2.5 % respectively. The achieved spec-
ifications allow measurement of the characteristic behavior of the instrument
inside a curved rigid tube and the validation of the flexible multibody model.

J.P. Khatait, D.M. Brouwer, H.M.J.R. Soemers, R.G.K.M. Aarts, & J.L. Herder
(2013). Design of an experimental set-up to study the behavior of a flexible
surgical instrument inside an endoscope,Journal of Medical Devices, 7(3),
031004(Jul 03, 2013)(12 pages). [DOI: 10.1115/1.4024660]
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Fig. 3.1: Endoscope with surgical instrument [49]

3.1 Introduction

Surgical robotic systems have overcome many of the limitations of conven-
tional laparoscopic systems by increasing dexterity, restoring proper hand-eye
coordination and an ergonomic working position, and improving visualiza-
tion [6,14,32]. The surgical robotic systems often employ rigid instruments to
perform surgical procedures. However, the use of rigid instruments limits the
reach and accessibility to the diseased tissues or organs.

Furthermore, the flexible surgical instruments are increasingly incorporated
to perform therapeutic procedures during conventional flexible endoscopy. The
emergence of Natural Orifice Transluminal Endoscopic Surgery (NOTES) and
Single Incision Laparoscopic Surgery (SILS) procedures necessitates the use
of flexible endoscopy in performing more invasive procedures [7,57]. In such
interventions, a surgical instrument is fed through an access channel provided
in the endoscope or endoscopic platform. Figure 3.1 shows a typical flexible
endoscope with a surgical instrument used for colonoscopy [49]. The surgical
instrument has limited stiffness so that it can be easily inserted through the
endoscope. The motion and force are transmitted to the distal end of the in-
strument by actuating the proximal end. However, the friction and the limited
stiffness of the instrument limit the motion and force fidelity of the instrument.
Precise control of these instruments inside the body is critical for achieving
successful surgical outcomes.

Modeling and simulation techniques help in developing better insight into
the dynamic behavior of a flexible instrument inside an endoscope. This of-
fers an improved design of the instrument and the controller; and eventually
leads to improved motion and force fidelity of the instrument. In our previ-
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ous study [26, 28, 31], we described the flexible multibody model to study the
dynamic behavior of a flexible surgical instrument inside an endoscope. We
studied the effect of friction, bending and rotational stiffness of the instrument,
and clearance on motion hysteresis. The simulation results showed stick-slip
behavior and motion hysteresis. We designed an experimental set-up to vali-
date the model and simulation results.

The design and evaluation of the set-up is discussed in this paper. The de-
sign objective is introduced along with the design requirements and the spec-
ifications in Section 3.2. The details of the design of the experimental set-up
and its evaluation are described in Section 3.3 and Section 3.4 respectively.
Section 3.5 discusses the design evaluation. The conclusion is presented in
Section 3.6.

3.2 Design Objective

The design specifications were chosen with respect to a typical surgical scenario—
with a flexible instrument inside an endoscope—where the surgeon controls
the instrument from its proximal end. The endoscope provides a rigid support
to the instrument. The placement and the orientation of the instrument tip are
essential to perform the surgical procedure safely. The instrument tip can carry
different surgical tools to perform different procedures. The force delivered at
the tip is critical for the successful operation and the safety of the patient as
well. During the surgical procedure, the interaction forces will be applied on
the endoscope by the instrument and vice-versa. The friction between the in-
strument and the endoscope limits the motion and force delivery at the tip. At
the same time it also results into non-linear dynamic behavior like stick-slip
and motion hysteresis.

The design objectives of the set-up are, therefore, as follows:

1. To manipulate the instrument tip from the proximal end

2. To measure the motion of the instrument tip

3. To measure the force of interaction between the instrument and the en-
doscope

The set-up will be used for validation experiments. As the endoscope is
rather stiffas compared to the instrument and is also well supported inside
the body cavity by the adjacent organs, the endoscope is modeled as a curved
rigid tube. The experiments will also be performed using a curved rigid tube.
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Moreover, the set-up should be able to accommodate different configurations
of the rigid tube. It can be further extended to include different kinds of loading
at the tip.

3.2.1 Design Requirements

The instrument is inserted manually inside the tube until the distal end is out of
the tube. The proximal and distal ends are attached to the respective modules
for the actuation and measurement respectively. The tube is rigidly fixed on a
platform which measures the force of interaction between the instrument and
the tube.

The instrument is manipulated both in translation and rotation to perform a
surgical procedure. The surgeon gets the visual feedback of the operation. The
required resolution [52,54] is of the order of 0.1 mm in translation and 1 degree
in rotation. The range of motion is± 20 mm in translation and± 2 revolutions.
The maximum speed can be 20–50 mm/s in translation and 5–10 rev/s in ro-
tation. However, the friction induced non-linear dynamic behavior is more
prominent at near zero speed. Therefore, the instrument should be able to
move at low speed, say, 0.2 mm/s. Both, rotation and translation, can be varied
independently so that we can get a combination of motion.

The force delivery at the tip can be of the order of 5–10 N with a resolution
of 0.01 N [47,62]. The force transmission at the tip is critical for tissue manip-
ulation and for performing surgical procedures like needle steering, suturing,
cutting, etc. Essentially, the tip should be able to deliver force and torque in
longitudinal direction.

The displacement measurement of the distal end of the instrument can pro-
vide vital information about the instrument characteristic behavior. The motion
hysteresis and stick-slip behavior can be quantified by measuring and compar-
ing the tip motion with the input motion. The range and resolution of motion at
the output are of the same order as of the actuation side. Moreover, during the
stick-slip motion, the instrument tip can be released suddenly, and therefore,
the required bandwidth for measuring the motion at the tip will be higher than
at the proximal end.

When the instrument is manipulated inside the tube, a force is exerted on the
instrument by the tube because of friction, the convoluted shape of the tube,
and the stiffness of the instrument. The measurement of this interaction force
is required in order to study the effect of various parameters on the force of
interaction. The range and resolution of the force measurement can be of the
order of the force required at the tip for various surgical procedures.
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Apart from these technical requirements, the set-up should be able to cater to
other requirements as well. Tubes of different shapes and sizes should be easily
mounted. The set-up should be robust and safety features should be included
to safeguard the sensors and other critical components. The displacement mea-
surement of the tip of the instrument with contact sensors and components can
alter the behavior of the instrument. Therefore, contactless measurement is
preferred for the displacement measurement at the tip.

3.2.2 Design Specifications

A modular design was sought for the set-up as this would enable easy recon-
figuration for future experiments. The experimental set-up, therefore, consists
of three basic modules (Fig. 3.2):

1. Actuation module (AM)

2. Force sensing module (FSM)

3. Tip motion measurement module (T3M)

The AM provides necessary actuation along each degree-of-freedom (DOF)
required at the proximal end of the instrument,i.e. translation and rotation
along the longitudinal axis of the instrument. The AM can be aligned along
the entry of the tube and the proximal end of the instrument can be attached to
the AM for the actuation.

The FSM enables measurement of forces and torques arising from the inter-
action of the instrument with the guide tube. A guide tube of different geomet-
ric configurations can be rigidly attached on the top plate of the FSM. Load
cells can be embedded to measure the forces and torques in all the directions.

The T3M measures the translation and rotation of the distal end of the in-
strument along the longitudinal axis. The T3M can be aligned along the exit of
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the guide tube and the distal end of the instrument can be attached to the T3M
for the displacement measurement.

Based on the design requirements, the design specifications of the three
modules—AM, FSM, and T3M—are summarized in Tab. 3.1. The resolu-
tion of motion required for the set-up is better than what is required by the
surgeon or the surgical procedure as the set-up is intended for the characteriza-
tion and the model validation of the instrument. The achieved specifications,
which will be discussed later in Section 3.4, are also summarized in the table
for comparison.

3.3 Design of the Experimental Set-up

The conceptual design and the design embodiment of the AM, the FSM, and
the T3M are described in detail in the following sections. The experimen-
tal set-up also includes the real-time measurement system. The software and
hardware are also discussed.

3.3.1 Design of the AM

The AM consists of actuation in 2-DOFs—translation and rotation along the
longitudinal axis of the instrument. We wanted to have independent actuation
for both DOFs, therefore, we chose a stacked configuration. Translation is
achieved through a ball screw. A preloaded ball screw nut is used to avoid
backlash. However, this adds to additional friction in the drive. The motor
encoder is used to measure the translation of the AM.

The rotation axis is mounted on a linear slide guide. The assembly of the
ball screw and the slide guide requires alignment of the two axes. If rigidly
connected, any misalignment causes increase in the frictional force and de-
teriorates the repeatability of the set-up. For long stroke motion, the mis-
alignment can even lead to jamming of the stage. Following the principles
of exactly constrained design using flexures [55], a coupling is designed to
connect the ball screw nut to the slide guide. An exactly constrained design
leads to smaller internal forces due to misalignment; and, therefore, it relaxes
the alignment requirements—reducing the total effort and cost—during the as-
sembly [5,54,55].
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Table 3.1: Specifications of the set-up

Specifications
Description Design Achieved

AM Translation
Range 50 mm 50 mm
Resolution 0.01 mm 0.1µm*
Speed 0–10 mm/s 0–30 mm/s†
Error 0.1 mm 0.2 mm‡

Rotation
Range ± 5 revolutions unlimited
Resolution 0.01 degree 0.005 degree*
Speed 0–5 rev/s 0–4 rev/s†
Error 0.1 degree 1.0 degree‡

T3M Translation
Range 50 mm 50 mm
Resolution 0.01 mm 0.015 mm††
Speed 0–10 mm/s 0–30 mm/s
Error 0.1 mm 0.01 mm

Rotation
Range ± 5 revolutions unlimited
Resolution 0.01 degree 0.15 degree††
Speed 0–5 rev/s 0–4 rev/s
Error 0.1 degree 1.0 degree

FSM Forces in xyz-direction
Range ±50 N ±50 N
Resolution 0.010 N 0.009 N††
Error 1.0% 0.8%

Torque in xyz-direction
Range ± 0.2 Nm ± 8.0 Nm
Resolution 0.002 Nm 0.0015 Nm††
Error 1.0% 2.5%

*Based on encoder resolution;†Based on motor speed ;‡Due to gear backlash;
††For cut-offfrequency of 45 Hz.

Design of the exactly constrained coupling

The coupling has to be stiffin the translation and the rotation direction along
the translation axis. The ball screw nut should be constrained in rotation so
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Fig. 3.3: Conceptual design of the coupling for the ball screw and slide guide using a folded
sheet flexure and a bellow flexure. The stiffdirections are shown with the dashed arrows. The
compliant directions are shown with the solid arrows.

that the rotary motion of the ball screw gets converted into the linear motion
of the nut. The linear displacement of the nutx is related to the rotation of the
ball screwn through the pitch of the ball screwp as (x = pn). A constraint
in translation along the same axis transfers the linear motion of the nut to the
slide guide. The coupling is compliant in the other 4-DOFs.

An exactly constrained coupling is designed using a bellow flexure and a
folded sheet flexure. Figure 3.3 shows the conceptual design of the coupling.
A folded sheet flexure [2, 5, 55] constrains the two ends, parallel to the axis
of the fold, only along the axis of fold. All the other 5-DOFs are compliant.
Therefore, it can transfer the linear motion from one side to another accurately.
Any misalignment can be easily accommodated by the flexure. Likewise, a
bellow flexure can constrain the two sides in rotation along the axis of bellow.
It is compliant in the other 5-DOFs. The two flexures should be connected in
parallel to provide constraints in exactly the 2-DOFs as shown in Fig. 3.3.

The stiffness of the folded sheet flexure along the folding line for equally
long sides (with lengthl) is given by [55]

k =

[

2

(

l3

3EI
+

6
5

l
GA

)]−1

(3.1)

whereA is the cross-section area,I is the area moment of inertia,E is Young’s
modulus of elasticity, andG is the Shear modulus of the folded sheet flexure.
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Table 3.2: Specifications of the flexure coupling

Description Specifications
Folded sheet flexure
Stiffness 1.66× 106 N/m
Allowable offset 2 mm

Bellow flexure
Torsional stiffness 220 Nm/rad
Allowable offset 0.15 mm
Allowable inclination2 degree

The stiffness value should be such that the friction force in the translation di-
rection should not affect the positional accuracy significantly. Table 3.2 shows
the specifications of the folded sheet flexure. Similarly, the bellow flexure
is selected for high rotational stiffness. The rotational stiffness of the bellow
flexure should be able to provide the reaction torque arising due to the friction
between the ball screw and the nut without affecting the accuracy significantly.
The specifications are shown in Tab. 3.2.

The flexure coupling should tolerate misalignment because of the inclination
and offset distance between the ball screw and the slide guide. The maximum
misalignment can be tolerated by the flexure coupling as the DOFs in those
directions are released and the coupling is compliant in those directions. The
allowable offset and inclination for the bellow flexure looks rather small as it is
designed for a longer fatigue life [45]. This is very conservative value for the
intended application as it is for non-fatigue use. An offset of about 10 times
the specified value can be easily achieved.

Design embodiment of the AM

A precision ball screw and slide guide were selected [45]. We chose two DC
motors for actuating both DOFs [38]. The folded sheet flexure was made out of
stainless steel sheet of thickness 0.3 mm, width 20 mm and length 30 mm for
each side. The bellow flexure was selected and purchased off-the-shelf [45].
Figure 3.4 shows the conceptual design of the AM. The AM included a gear
box for the actuation in each DOF. The gear box helped in achieving the lower
speed. It also reduced the motor torque required to move the AM initially.
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Slide guide

Ball screw nut

Motor for translation

Flexure coupling

Motor for rotation

Fig. 3.4: Conceptual design of the AM. The translation and rotation axis is connected via a
flexure coupling. The two actuated DOFs are shown by the arrows.

3.3.2 Design of the FSM

The FSM was designed to measure forces arising from the interaction between
the instrument and the guide tube. The force measurement along six DOFs
are required to measure all the possible components of the resultant force.
A combination of 1-DOF load cells andn-DOFs load cells can be used in
various configuration to get a total 6-DOFs force measurement. We chose six
1-DOF load cells and used the exactly constrained design principles [5,54,55]
to design the FSM.

The size of the FSM was chosen so that a curved tube, of the order of hu-
man anatomical features, can be accommodated and can be configured easily.
Moreover, for the model validation purpose, the curvature of the tube can be
relaxed and, therefore, a curved tube of larger dimensions should be also ac-
commodated and can be attached.

Exactly constrained configuration of the FSM

The conceptual design of an exactly constrained configuration of the FSM us-
ing six wire flexures is shown in Fig. 3.5. A wire flexure constrains only one
DOF, i.e. along the longitudinal direction. It is compliant in the other five
DOFs. Three wire flexures were placed underneath the floating platform along
z-axis, constraining three DOFs–translation alongz-axis, and two rotations
along x- andy-axis. Two wire flexures were placed alongx-axis, constrain-
ing the other two DOFs—translation alongx-axis and rotation alongz-axis.
One wire flexure was placed alongy-axis, constraining the translation along
y-axis. Consequently, the floating top platform was fully constrained by the
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Fig. 3.5: Conceptual design of an exactly constrained configuration of the FSM using six wire
flexures

six wire flexures.
The force vectorFx, acting at the center of the top plate of the FSM, can be

transformed into another force vectorFn as

Fx = AFn

or,




Fx
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Fz
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1 1 1 0 0 0
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(3.2)

whereFx includes the three force components and three torque components
acting at the originO alongxyz-directions.Fn includes the forces acting along
the six wire flexures.Fn is the force component acting along thenth wire
flexure. The dimensions,a andb, are defined in Fig. 3.5.

If the stiffness along the compliant direction (also called parasitic stiffness)
is negligible as compared to the stiffness in the stiffdirection, the force com-
ponentFn will act only on the load cell attached to thenth wire flexure.

Design of a 1-DOF load cell module

Six 1-DOF load cell modules were designed using a wire flexure and a 1-DOF
load cell for each module. One end of the wire flexure is attached to the top
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Clearance Wire flexure

Top floating plate

Base fixed plate

Tube

Load cell

Helical spring

Adjustment screw

Fig. 3.6: Conceptual design of a 1-DOF load cell module consisting of a wire flexure, a 1-DOF
load cell, and a preloading mechanism for overload protection.

plate of the FSM and the other end is attached with the load cell. The load cell
is further attached to the base plate through an attachment for overload protec-
tion. Figure 3.6 shows the conceptual design of the module. Any force acting
along the longitudinal axis of the wire flexure—tension or compression—can
be measured by the attached load cell.

A safeguard was designed in order to prevent overload and buckling failure
of the wire flexure. The excessive compressive load can lead to the buckling
of the wire flexure. An excess load beyond the load cell measurement range
can also damage the load cell. Therefore, a safety feature was implemented to
limit the magnitude of compressive load. The attachment collapses when the
load exceeds a predetermined value. A helical spring was used to preload the
attachment. The preloading can be further adjusted by an adjustment screw.
If the magnitude of the compressive load acting on the wire flexure is smaller
than the preloading, the reaction force is provided by the preloading. However,
if the magnitude of the compressive load increases the preloading, the reaction
force is provided by the spring; and the spring collapses under the load. There
was a small clearance provided between the top plate and the tube. The top
plate comes in contact with the tube if the attachment collapses under excessive
compressive load and protects the set-up from further damage.
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Dimensioning of the wire flexure

The wire flexure can be loaded axially both in tension and compression. The
compressive load on the wire flexure can lead to buckling and limits the load
capacity of the load cell. Therefore, the flexure should be able to support the
maximum compressive load which can be measured by the attached load cell
without buckling. The critical loadFCr for an undeflected wire flexure is given
by

FCr =
4π2EI

l2
=
π3

16
Ed4

l2
(3.3)

whered andl are the diameter and the length of the wire flexure respectively.
On the other hand, the wire flexure should be able to accommodate the error

because of the misalignment during assembly and the manufacturing toler-
ances of the components. The maximum allowed deflection in the lateral di-
rection should also include the maximum deformation possible when the other
load cell module collapses because of the overload. This prevents the wire
flexures from getting damaged even if the FSM is overloaded and collapsed
under the load. Ifh is the maximum allowable deflection in lateral direction,
the maximum stress due to bending will be

σmax=
3Edh

l2
. (3.4)

The longitudinal stiffnesska and the lateral stiffnesskb of the wire flexure are
given by

ka =
EA
l
=
π

4
Ed2

l
, (3.5)

kb =
12EI

l3
=

3π
16

Ed4

l3
. (3.6)

From Eqn. (3.5) and Eqn. (3.6), we find that the stiffness ratioka/kb ∝ (l/d)2.
The wire flexure was designed for the maximum deflection of 1.5 mm in com-
pliant direction (i.e.in bending) and the maximum compressive load of 100 N
without buckling. A value greater than 1000 was chosen for the stiffness ratio
ka/kb. A higher value for the stiffness ratio ensures reduced parasitic error.
Stainless steel wire of diameter 1.0 mm and length 30 mm was chosen for the
wire flexure.
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Instrument

Curved rigid tube
Top floating plate

Base fixed plate

1-DOF load cell module

Fig. 3.7: Conceptual design of the FSM with six 1-DOF load cell modules. The six load cell
modules are attached to the base fixed plate. The top floating plate will be attached to the ends
of six wire flexures.

Design embodiment of the FSM

Six precision miniature load cells were selected based on the measurement
range and the resolution. The load cell measures forces up to 100 N in both
tension and compression with an accuracy of 0.15 % full scale, and with infi-
nite resolution [17]. Firstly, the six 1-DOF load cell modules were assembled
as shown in Fig. 3.6. All the load cell modules were mounted on the base plate.
The top plate was aligned through three fixtures, and finally clamped to the six
wire flexures. Figure 3.7 shows the design embodiment of the FSM.

3.3.3 Design of the T3M

The T3M was designed to measure the motion of the tip both in rotation and
translation along the longitudinal axis of the instrument at the exit of the curved
rigid tube. A contact with the displacement measurement modules can affect
the behavior of the instrument. As we want to study the effect of friction
between the instrument and the tube, it may be very difficult to account for the
output behavior. Therefore, contactless measurement is preferred. Moreover,
since we are interested in displacement measurements in only two DOFs,i.e.
the rotation and translation along the instrument axis, the displacements in
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other four DOFs are constrained by an air bearing.
Laser displacement sensor (LDS) was chosen for the displacement mea-

surement. The LDS uses optical triangulation as measuring principle. A laser
diode projects a visible spot of light onto the target surface. The image of the
spot is captured on a high resolution CCD- or CMOS-element. The position of
the target is measured by the change in the position of the reflected light on the
receiver [44]. Two LDSs were used for measurement in both DOFs. A cam
was designed to facilitate measurement in both DOFs simultaneously.

Design of a cam

A cam is designed with two lobes as shown in Fig. 3.8. The radial displacement
r of a point on the cam is linearly dependent on the angular displacementθ as

r = r0 +

( r1 − r0

π

)

mod(θ, π) (3.7)

wherer0 andr1 are the radius of the base circle and outer circle enclosing the
cam; and mod(θ, π) gives the modulus after dividingθ with π. Two identical
lobes of 180 degree were designed. Therefore, after every half rotation of
the cam, the plot of the radial displacement versus the angular displacement
repeats, as shown in the figure. As the distance between the cam axis and
the LDS, c0, is fixed, the displacements measured by the LDS is directly
proportional to the angular displacement of the cam, and is given by

s= (c0 − r0) −
( r1 − r0

π

)

mod(θ, π). (3.8)

The CAD drawing of the designed cam is shown in Fig. 3.9. The plane
surface is used to measure the displacement due to translation. The curved
surface is used to measure the displacement due to rotation. An undercut is
provided to ensure that the laser spot always falls on the curved surface when
the cam is rotating.

Design embodiment of the T3M

The conceptual design of the T3M is shown in Fig. 3.10. The measurement
range of the LDS for translation measurement is 50 mm with a resolution of
25µm at 1.5 kHz [44]. The measurement range of LDS for rotation measure-
ment is 20 mm with a resolution of 10µm at 1.5 kHz. The cam was attached
to the tip of the instrument through a guide shaft which was supported on an
air bearing. The designed cam profile was obtained through wire EDM.
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Fig. 3.8: Conceptual design of the cam. The angular displacement of the cam can be measured
from the displacement measurement of the LDS.

Fig. 3.9: CAD drawing of the cam

3.3.4 Real-time Measurement System

The experimental set-up also includes the hardware and software required for
real-time measurements and data logging. The measurement system was used
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LDS1 for translation

LDS2 for rotation
Guide shaft

Air bearing

Cam

Fig. 3.10: Conceptual design of the T3M

to evaluate the set-up, and will be used later to characterize the behavior of the
flexible instrument and to control the instrument tip motion and force.

An xPC target computer was used together with a host computer running
Matlab [36]. An xPC target application was created from a Simulink model
and downloaded to the target computer from the host computer via a LAN
(ethernet) connection.

A multi-function I/O card was selected for data acquisition (DAQ) and con-
trol application. The DAQ card had an 8-channel fast 14-bit A/D converter
with simultaneous sample/hold circuit, 8 independent 14-bit D/A converters,
8-bit digital input port and 8-bit digital output port, 4 quadrature encoder inputs
with single-ended or differential interface and 5 timers/counters [18].

The outputs from the six load-cells were first connected to the amplifiers
and then the amplified outputs were connected to the six A/D channels. The
other two A/D channels were connected to the two LDS. The two D/A chan-
nels were connected to the two DC motor controllers. The two encoders of the
DC motors were connected to the two quadrature encoder inputs. Two optical
switches were used to limit the stroke of the AM translation, which were con-
nected to the digital input port. One of the switches was used for the homing
of the AM translation.

3.3.5 Discussion

Figure 3.11 shows the assembly of the experimental set-up, indicating the three
modules together with the key components. The curved rigid tube was fixed
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Instrument Tube Laser displacement sensors

Cam

Ball screw Linear slide

2-DOFs AM 6-DOFs FSM 2-DOFs T3M

Fig. 3.11: Experimental set-up

on the top platform of the FSM. The flexible instrument was inserted through
the tube and the two ends of the instrument were attached to the AM and the
T3M for the actuation and measurement of the two DOFs respectively. The
AM and the T3M were aligned to the entry and exit of the tube.

3.4 Design Evaluation

Table 3.1 shows the design specifications of the three modules—AM, FSM
and T3M. The designed set-up has to be evaluated for the given specifications.
First, the AM and the T3M were connected directly through a coupling for a
combined evaluation as shown in Fig. 3.12. Next, the FSM was evaluated and
characterized separately.

3.4.1 Evaluation of the AM and the T3M

We wanted to evaluate the following parameters of the AM and the T3M:

1. Translation of the AM

(a) Resolution

(b) Error due to gear backlash

2. Rotation of the AM

(a) Resolution

(b) Error due to gear backlash
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LDS1

LDS2

Cam

AM

T3M

Fig. 3.12: The AM and the T3M were connected directly for the design evaluation

3. Translation measurement of the T3M

(a) Resolution

(b) Sensitivity of the LDS1

(c) Error due to the non-linearity of the LDS1

4. Rotation measurement of the T3M

(a) Resolution

(b) Sensitivity of the LDS2

(c) Error due to the non-linearity of the LDS2

The measurement of these parameters were performed through several experi-
ments which are explained in the following sections.

Resolution of the AM

The translation axis of the AM has an encoder ofNp = 1000 pulses per rev-
olution and the DAQ acquires the signal through a quadrature encoder input.
Including the pitch of the ball screwp and the gear rationg, the resolution
based on the encoder resolution is, therefore, given by:

∆xres =
p

4Npng
. (3.9)

For p = 2 mm per revolution, andng = 4.38, the resolution, thus calculated, is
0.1µm.
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The rotation axis of the AM has also the encoder of 1000 pulses per revo-
lution and the DAQ acquires the signal through the quadrature encoder input.
The gear ratio is 19.22. Therefore, the resolution based on the encoder resolu-
tion is 0.005 degree.

However, the actual resolution is always marred by the friction in the system.
The resolution of the AM in translation and rotation, mentioned in Tab. 3.1,
will be sufficient for the characterization of the flexible instrument and the
validation experiments.

Resolution of the T3M

The resolutions of the T3M for the translation and rotation measurement were
obtained from static measurements of the LDS1 and LDS2. The static mea-
surements give an indication of the level of sensor noise and the effect of se-
lected bandwidth on the resolution. A sample rate of 1 kHz was used for the
measurement. Figure 3.13 shows the static error measurement of the LDS1
and LDS2 when the cam was in the measurement range of both the sensors.
A rather noisy signal was observed in both the cases. The power spectral den-
sity of the data showed high power in the frequency range, 100–150 Hz. In
order to reduce the sensor noise, a 2nd order low-pass digital Butterworth filter
was designed with cut-offfrequency of 45 Hz. The data were filtered off-line,
forward and backward in time to achieve zero-phase digital filtering [35]. The
static error was calculated by subtracting the mean value from the filtered data.
The plots of the static error after filtering were also included in Fig. 3.13 for
both sensors. We observed that the sensor noise was reduced considerably
after filtering.

Static measurements were taken for the different positions in the measure-
ment range to see if the error is same over the measurement range. Three dif-
ferent positions along the translation axis were considered—start, middle, and
end of the measurement range. Output voltage from the LDS was measured,
and the RMS value of the error was calculated from the standard deviation. The
RMS values were calculated for both unfiltered and filtered data for both the
LDS1 and LDS2. For LDS2 also, the static measurements were taken at three
different positions in the measurement range. The sensitivity of each LDS was
calculated from the change in the output voltage corresponding to the change
in the input displacement (explained later in Section 3.4.1 and Section 3.4.1).
After dividing with the sensitivity of the LDS , we obtained the error in the
displacement measurement. Table 3.3 shows the result of the static error mea-
surement taken from both the sensors. The error was reduced approximately
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Fig. 3.13: Static error measurement of the LDS1 and LDS2

Table 3.3: Static error measurement of the LDS

Unfiltered Filtered
LDS1 RMS valueError RMS valueError
Start 8 mV 0.10 mm0.9 mV 11µm
Middle 11 mV 0.14 mm1.2 mV 15µm
End 11.5 mV 0.14 mm1.1 mV 14µm
LDS2
Start 10.6 mV 1.0 deg 1.4 mV 0.13 deg
Middle 10.4 mV 0.9 deg 1.2 mV 0.11 deg
End 10.5 mV 1.0 deg 1.4 mV 0.13 deg

9 times after the filtering. The errors in the translation and rotation measure-
ment are about 15µm and 0.15 degree respectively. Therefore, the resolution
will be also of the same order. However, the resolution can be better or worse
depending on the bandwidth chosen. For our application, a cut-offfrequency
of 45 Hz will be sufficient to capture the characteristic behavior of the flexible
instrument.

Sensitivity measurement of the LDS1

For the sensitivity measurement of the LDS1, the output voltage from the
LDS1 was obtained for the input displacement of the AM translation. The
input displacement was obtained from the encoder reading. Figure 3.14 shows
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Fig. 3.14: Output voltage from the LDS1 for the translation measurement of the cam

the plot of the output voltage from the LDS1 for the translation measurement.
A linear fit was applied to the data. The slope of the linear fit gives the sensi-
tivity value which was 0.0803 V/mm.

The residual is calculated by subtracting the fitted data from the measure-
ment data. The residual plot is also shown in Fig. 3.14. The error was cal-
culated from the RMS value of the residuals. The RMS value of 11 mV
was obtained which was of the same order as of the sensor noise. The data
were filtered off-line using the zero-phase digital filtering as explained in Sec-
tion 3.4.1. The plot of the residuals of the filtered data from the linear fit was
also shown in the figure. The error, thus obtained, was 1.3 mV. The error was
reduced more than 8 times after the filtering. The error in the translation mea-
surement due to the non-linearity of the sensor, obtained by dividing with the
sensitivity of the LDS1, was 16µm.

Sensitivity measurement of the LDS2

Similarly, for the sensitivity measurement of the LDS2, the output voltage
from the sensor was obtained for the input displacement of the AM rotation.
Figure 3.15 shows the plot of voltage output from the LDS2 for the rotation
measurement. A linear fit was obtained for every 180 degree rotation of the
cam, assuming the two lobes of the cam were identical. The sensitivity of the
LDS2, thus obtained from the slope of the plot, was 0.0111 V/deg.

Figure 3.16 shows the residual plot of the LDS2 measurement from the lin-
ear fit. The data were filtered off-line by applying the zero-phase digital filter-
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Fig. 3.15: Output voltage from the LDS2 for continuous rotation of the cam
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Fig. 3.16: Residual plot of the LDS measurement for rotation after a linear fit

ing as explained in Section 3.4.1 at a cut-offfrequency of 5 Hz to get the shape
of the cam profile. The data were filtered for a cut-offfrequency of 45 Hz also
for the error measurement. The figure also shows the plots of the residuals
of the filtered data from the linear fit. The RMS value of the residuals gives
the error because of the non-linearity of the cam. The RMS value of the error,
thus obtained, was 9.2 mV. The corresponding error in angle measurement was
0.84 degree. The linearity of the cam is, therefore, 0.5 %. However, the error
in the measurement can be further improved by using the look-up table for the
cam.

Figure 3.17 shows the residual plots of the unfiltered and filtered data (at
45 Hz) from the filtered data (at 5 Hz) corresponding to the cam profile. These
residual plots provide the error if the cam profile is taken into consideration.
The RMS values for the unfiltered and filtered data were 10.6 mV and 2.3 mV
respectively, and the corresponding errors in the angular measurement are 0.96
degree and 0.21 degree respectively.
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corresponding to the cam profile
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Fig. 3.18: Output displacement measured by the LDS1 compared with the input displacement
measured from the encoder, showing gear backlash in translation

Backlash measurement in the AM translation

For the backlash measurement in the translation axis of the AM, the displace-
ment measurement of the LDS1 was compared with the encoder reading corre-
sponding to the translation, while the AM was moving in both directions along
the translation axis. The input motion was given by rotating the coupling which
connects the gear shaft to the ball screw. As the coupling was rotated, the ball
screw was already moving, but the motor encoder was not moving because
of the clearance in the gear box. Figure 3.18 shows the plot of the unfiltered
and filtered data. The data were filtered using the the zero-phase digital filter-
ing as explained in Section 3.4.1. A backlash of 0.2 mm was observed in the
translation axis.
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Fig. 3.19: Output displacement measured by the LDS2 compared with the input displacement
measured from the encoder, showing gear backlash in rotation

Backlash measurement in the AM rotation

Similarly, for the backlash measurement in the rotation axis of the AM, the cam
was rotated in both directions by rotating the coupling which connects the gear
shaft with the T3M (as shown in Fig. 3.12). The displacement measurement of
the LDS2 was compared with the encoder measurement along the rotation axis.
Figure 3.19 shows the plot of the unfiltered and filtered data. The data were
filtered using the the zero-phase digital filtering as explained in Section 3.4.1.
The backlash of 1.0 degree was observed due to the clearance in the gear box.

3.4.2 Evaluation of the FSM

The FSM was designed to measure external forces and moments acting on the
top floating plate. The designed module was calibrated by applying forces at
known locations. If an external force and momentFext is applied at pointP on
the floating platform, the load cells attached to the base of six wire flexures will
get loaded. Figure 3.20 illustrates the loading configuration. The equivalent
forceFx acting at the originO can be expressed as:

Fx = BFext
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Fig. 3.20: Loading configuration showing external load applied on the top floating plate of the
FSM at point P.Fext includes the external forces and moments.
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(3.10)

where(x, y,z) are the coordinates of the pointP with respect to the origin.Fx′ ,
Fy′ , andFz′ are the forces, andMx′ , My′ , andMz′ are the moments acting at
point P alongxyz-directions respectively.

Fx can be further transformed into a force vectorFn, consisting of six force
components along the wire flexures, as expressed in Eqn. 3.2.

If S is the sensitivity matrix of the load cells of the FSM, the voltage output
of the load cellsVn is related to the force vectorFn as:

Vn = SFn
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wheresi j is the sensitivity of theith load cell because of thejth component of
the forceFn. If the wire flexures have only longitudinal stiffnesska and neg-
ligible lateral stiffnesskb, the force componentFn will directly act on thenth

load cell. Therefore, for larger ratio of stiffnesseska/kb, the sensitivity matrix
S will be a diagonal matrix, and the diagonal terms will be the individual sen-
sitivities of the load cells. However, because of the non-zero lateral stiffness
(also called the parasitic stiffness) of the wire flexures, there will be resultant
forces acting on the other load cells arising from the force acting along one of
the load cells. This results into non-zero off-diagonal terms. The inaccuracies
in the fabrication of the mechanical components and their assembly will also
contribute to non-zero off-diagonal terms.

The evaluation of the FSM requires calculation of the following parameters:

1. Resolution of the load cells

2. Sensitivity of the load cells and the FSM

3. Error measurement of the FSM

The measurement of these parameters were performed through several experi-
ments which are explained in the following sections.

Resolution of the load cells

Static measurements were taken from the load cells to obtain the sensor noise
and the resolution. The output voltage from the six load cells was measured
without an external load applied on the FSM. The loading on the load cells
was from the weight of the top floating platform and the load due to the initial
deflections along the compliant directions of the wire flexures.

Table 3.4 shows the static error measurement of the load cells. The RMS
value of the error was calculated for each load cell for both unfiltered and fil-
tered data. The filtered data were obtained by the zero-phase digital filtering as
explained in Section 3.4.1 for a cut-offfrequency of 45 Hz. The corresponding
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Table 3.4: Static measurement of the load cells

Load cells 1 2 3 4 5 6
Unfiltered RMS value (mV) 3.3 2.9 3.1 2.9 2.8 2.9

Error (mN) 15.3 13.4 14.3 13.7 13.7 13.7
Filtered (at 45 Hz)RMS value (mV) 1.9 0.9 1.0 1.2 0.9 0.8

Error (mN) 8.8 4.2 4.6 5.9 4.3 3.8

error in force measurement was obtained by dividing with the individual sensi-
tivity of the load cell which will be explained later in Section 3.4.2. The error
in force measurement, thus calculated, was of the order of 9 mN after filtering.
Therefore, the resolution of the load cells is 9 mN at 45 Hz.

Sensitivity of the load cells and the FSM

For the sensitivity measurement of the load cells and the FSM, the output volt-
age of the load cells were measured by applying different loads at various loca-
tions along different directions. For a set of N measurements using Eqn. 3.11,
the output voltage and the force components along the load cells for different
external loads applied can be written as:

[

Vn,1 Vn,2 · · · Vn,N
]

= S
[

Fn,1 Fn,2 · · · Fn,N
]

or,
[VnN] = S [FnN] (3.12)

whereVn, j andFn, j are the output voltage from the load cellsVn and the force
componentsFn for the jth measurement.Fn is calculated for each external load
appliedFext. Using Eqn. 3.2 and Eqn. 3.10, we have

Fn = A−1BFext. (3.13)

The individual sensitivities of the load cellsSi were obtained directly by
plotting the output voltageViN with respect to the loadFiN acting along theith

load cell. Figure 3.21 shows the plot of the output voltage of the load cells.
The sensitivities of the individual load cells were obtained from the slopes of
the linear fit and summarized in Tab. 3.5. The off-diagonal elements cannot be
obtained by this method.

Alternatively, the full sensitivity matrixS of the load cells of the FSM can
be calculated from Eqn. 3.12 using the pseudo-inverse as

S =
[

Vn,1 Vn,2 · · · Vn,N
] [

Fn,1 Fn,2 · · · Fn,N
]+



3.4. Design Evaluation 67

−5 −4 −3 −2 −1 0 1 2 3
−1.2

−1

−0.8

−0.6

−0.4

−0.2

0

0.2

0.4

0.6

0.8

 

 

Force, [N]

O
ut

pu
tv

ol
ta

ge
,[

V
]

LC1

LC2

LC3

LC4

LC5

LC6

fit1

fit2

fit3

fit4

fit5

fit6

Fig. 3.21: Output voltage of the load cells for the forces acting along the load cells

Table 3.5: Individual sensitivity of the load cells

S1 S2 S3 S4 S5 S6

Sensitivity (V/N) 0.215 0.213 0.216 0.205 0.209 0.212

or,

S = [VnN] [FnN]+ (3.14)

where[FnN]+ is the pseudo-inverse of the matrix. The sensitivity matrix thus
obtained is

S =





0.2152 0.0010 −0.0006 −0.0008 −0.0003 0.0004
0.0008 0.2135 0.0009 0.0010 0.0033−0.0012
−0.0001 −0.0003 0.2162 0.0004 0.0026 0.0007
−0.0018 0.0008 0.0010 0.2035 0.0068−0.0039

0.0001 0.0003 −0.0036 0.0039 0.2108−0.0005
0.0015 −0.0005 0.0017 −0.0086 0.0061 0.2067





.

(3.15)
The diagonal and off-diagonal elements can be obtained simultaneously. We
also observed that the diagonal elements are at least 24 times higher than the
off-diagonal elements. It was also observed that the diagonal elements are
almost identical to the individual sensitivities of the load cells.
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Fig. 3.22: Relative error in force and moment measurement

Error measurement of the FSM

The forces acting on FSM are measured inxyz-coordinates. Therefore, the er-
ror in measurement should be expressed in terms of three forces and three mo-
ments alongxyz-coordinates. The estimated forceF̂x can be calculated from
the output voltage readings of the load cellsVn using Eqn. 3.2 and Eqn. 3.11
as:

F̂x = AS−1Vn. (3.16)

Fx can be directly obtained from the external load appliedFext using Eqn. 3.10.
The error can be calculated fromFx andF̂x.

The relative errors in force and moment measurements were calculated for
a new set of experiments where known loads were applied on the top floating
plate of the FSM. Figure 3.22 shows the plot of relative error in force and mo-
ment measurement. The error obtained in the force and moment measurements
are less than 0.8 % and 2.5 % respectively.

3.5 Discussion

The AM has a translation resolution of 0.1µm and a rotation resolution of
0.005 degree based on the encoder resolution. However, the actual resolution
is always marred by the friction in the system. However, the resolution of
the AM at least exceeds the resolution of the T3M, which is of the order of
15 µm in translation and 0.15 degree in rotation. This will be sufficient for
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the characterization of the flexible instrument and the validation experiments.
The largest errors of the AM are because of the gear backlash. The backlash
observed in translation and rotation is 0.2 mm and 1.0 degree respectively.
The motion hysteresis observed in the simulation of flexible instruments were
of the order of 2 mm in translation [26, 31]. The motion hysteresis in rotation
is expected to be of the order of 10 degree. However, if required the gear can
be replaced or preloaded. The AM can achieve slow speeds of the order of
0.2 mm/s in translation and 0.1 rev/s in rotation, which can be useful for the
study of stick-slip behavior of the instrument. The AM can achieve a higher
speed of 30 mm/s in translation and 4 rev/s in rotation, which can be used to
generate a combination of translation and rotation motion.

We used a low pass filter with a cut-offfrequency of 45 Hz for improving
the resolution of the T3M. This enables filtering any noise due to the power
supply of 50 Hz. At the same time, it is high enough to perform dynamic
measurements. However, the stick-slip behavior of flexible instruments due to
friction may require higher bandwidth. The error in rotation measurement due
to the non-linearity of the cam is of the order of 1.0 degree. However, the error
was reduced to 0.2 degree if the cam profile was taken into consideration. The
specifications of the T3M are comparable to the design specifications.

The load cells of the FSM have a measurement range of 50 N with a reso-
lution of 9 mN at 45 Hz. The error in the measurements of force and moment
are less than 0.8 % and 2.5 % respectively. These values allow accurate mea-
surement of the forces a flexible instrument exerts on the tube.

The designed experimental set-up is used to validate the simulation results
from the flexible multibody model of a flexible instrument inside a curved
rigid tube. The achieved specifications of the three modules—AM, FSM and
T3M—enabled us to provide actuation in translation and rotation along the
longitudinal axis of the instrument at the proximal end, to measure the interac-
tion forces, and to measure the translation and rotation of the distal end of the
instrument. However, the details of the experiments are beyond the scope of
this paper and can be referred to [25].

3.6 Conclusion

We designed the experimental set-up based on the design requirements neces-
sary to validate the flexible multibody model and to characterize the flexible
instruments inside an endoscope. The Actuation Module provides the actua-
tion in axial and twist direction from the proximal end of the flexible instru-
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ment. Although there is a backlash of 0.2 mm and 1.0 degree in the module,
the motion hysteresis in the case of a flexible instrument is at least 10-times
higher than the error due to backlash. The Tip Motion Measurement Module
achieves contactless measurement of the distal end motion in axial and twist
direction via an air bearing guided cam. Off-line filtering helps to improve the
resolution to 15µm and 0.15 degree. The Force Sensing Module measures the
force and moment exerted by the flexible instrument on the curved tube which
is fixed to the floating platform. The force resolution of 9 mN and the force
and moment error of 0.8 % and 2.5 % respectively are within the specifica-
tions. The three modules of the set-up conform to the design objectives. The
experimental set-up is used for the validation of the developed model of the
flexible instrument inside a curved rigid tube.
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4
Flexible Multibody Modelling of
a Surgical Instrument Inside an

Endoscope

The implementation of flexible instruments in surgery necessitates high motion
and force fidelity, and good controllability of the tip. However, the positional
accuracy and the force transmission of these instruments are jeopardized by
the friction, the clearance and the inherent compliance of the instrument. The
surgical instrument is modeled as a series of interconnected spatial beam ele-
ments. The endoscope is modeled as a rigid curved tube. Stiffness, damping,
and friction are defined to calculate the interaction between the instrument and
the tube. The effect of various parameters on the motion and force transmission
behavior was studied for the axially-loaded and no-load cases. The simulation
results showed a deviation of 1.8 % in the estimation of input force compared
with the analytical capstan equation. The experimental results showed a de-
viation of the order of 1.0 %. The developed flexible multibody model is able
to demonstrate the characteristic behavior of the flexible instrument for both
translational and rotational input motion for a given set of parameters. The
developed model will help us to study the effect of various parameters on the
motion and force transmission of the instrument.

J.P. Khatait, D.M. Brouwer, J.P. Meijaard, R.G.K.M. Aarts, & J.L. Herder
(2013). Flexible multibody modeling of a surgical instrument inside a curved
endoscope,Journal of Computational and Nonlinear Dynamics, draft submit-
ted, under review.
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4.1 Introduction

Minimally Invasive Surgery (MIS) has greatly reduced the unnecessary dam-
age and trauma to healthy tissues, leading to faster recovery, reduced infec-
tion rates, and reduced post-operative complications. Most of the limitations
imposed by conventional laparoscopic systems are well addressed in modern
surgical robotic systems by increasing dexterity, restoring proper hand–eye co-
ordination, an ergonomic working position, and improving visualization. The
state-of-the-art robotic surgery systems employ rigid instruments [6, 14, 32].
However, with conventional colonoscopy and with the emergence of Natural
Orifice Transluminal Endoscopic Surgery (NOTES) and Single Incision La-
paroscopic Surgery (SILS) procedures, the use of flexible instruments is in-
evitable.

As the flexible endoscopy continues to evolve more into a therapeutic tool
and as the endoscopic procedures are becoming more invasive, the surgical
instruments require complex manipulations [7, 57]. The instrument tip needs
to deliver motion and force with a required precision and accuracy. The mo-
tion and force transmission of these instruments are critical for achieving good
surgical outcomes and need to be thoroughly researched. In this paper, an en-
doscope refers to a flexible endoscope typically used for the examination of
gastrointestinal tract, for example, during colonoscopy and gastroscopy pro-
cedures. The instrument refers to the flexible instrument used for biopsy or
for simple surgical procedures, which is fed through the access channel of the
endoscope.

In an endoscope-like surgical system, the instrument is controlled from the
proximal end. The friction between the instrument and the access channel of
the endoscope introduces nonlinearities in motion transmission. This makes
the estimation and the control of the instrument tip difficult and challenging
in the absence of sensors at the distal end. This is further aggravated due
to the limited stiffness of the instrument and the added clearance. Moreover,
depending on the location of the surgical site, the shape of the endoscope also
changes and can be very sinuous.

A thorough understanding of the flexible instrument behavior inside the ac-
cess channel of the endoscope can lead to a proper design of the instrument
and can eventually lead to improved control of the instrument tip for the de-
sired motion or force. In our previous study [26, 31], we set up a 2-D flexible
multibody model to study the effect of friction and bending stiffness of the in-
strument on motion hysteresis. We studied the sliding behavior of the flexible
instrument inside a curved endoscope in the presence of friction. However, the
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model was limited to planar cases and the model can address only the trans-
lational behavior. A 3-D flexible multibody model is required to address the
dynamic behavior of a flexible instrument in rotation and translation. The ob-
jective of this paper is to set up a general 3-D flexible multibody model of the
surgical instrument to study its translational and rotational behavior in a 3-D
environment. In addition, we want to validate the model with experiments and
an analytical model.

Firstly, a general 3-D flexible multibody model is set up for the instrument.
The model of the curved tube is also defined. The contact force model is ap-
propriately defined to include friction. The model of the flexible instrument
and of the endoscope are explained in detail in Section 4.2. The contact force
model is explained subsequently in Section 4.2.3. Secondly, various simula-
tions are performed for both translation and rotation input motion at the prox-
imal end. The developed 3-D model is firstly simulated for the insertion in a
planar tube and is used to validate the 3-D model with the previously devel-
oped 2-D model [26]. The simulation results are in good agreement with the
2-D model and can be referred to [28]. The simulations for fine manipulation in
translation in a curved tube are performed for different values of the coefficient
of friction between the contacting surfaces. The simulations are performed for
both the axially-loaded and no-load cases. The motion and force transmission
is analyzed and compared with the capstan equation. The simulations for fine
manipulation in rotation are also performed for different values of the coef-
ficient of friction. The effect of different flexural rigidity along the principal
axes of the instrument and the effect of the pre-curvature are analyzed on the
motion transmission in rotation. The details of the simulation cases and the
results are discussed in Section 4.3. Finally, various experiments are carried
out with a standard stainless steel wire. The value of the coefficient of friction
is estimated. The force transmission in translation is verified analytically. The
simulation result for the estimated parameters is also compared with the exper-
imental result. Experiments for rotation input motion are also carried out and
compared with the simulation results. The various experiments for the model
verification and for the estimation of different parameters are explained in Sec-
tion 4.4. The discussion and conclusion follow in Section 4.5 and Section 4.6
respectively.
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4.2 Modeling of a Flexible Surgical Instrument Inside
a Curved Endoscope

The modeling of a flexible surgical instrument to study its dynamic behavior
inside the endoscope requires modeling of three key components—the surgical
instrument, the endoscope, and the interaction between the two. The surgical
instrument must be flexible to allow easy insertion into the curved endoscope
channel. In general, the flexible instrument deforms mainly in the bending and
torsional directions due to the loading conditions at the instrument tip, the mo-
tion and force input at the proximal end, and the interaction of the instrument
with the endoscope. The model of the instrument incorporates all the defor-
mations under different loading conditions. The finite element model of the
instrument is further elaborated in Section 4.2.1.

The endoscope is also flexible so that it can be easily inserted inside a lumen
of the human body. The endoscope conforms to the human anatomy and takes
different geometric shapes. The endoscope is supported by the organs or the
anatomy in contact. The endoscope is assumed to be rigid with respect to the
instrument as the inertia and the stiffness of the instrument is much smaller
than that of the endoscope. However, if the instrument tip interacts with the
tissue and a higher force is involved in the manipulation, the endoscope de-
forms together with the human anatomy in contact. Nonetheless, as we are
keen in understanding the characteristic behavior of the instrument in a curved
endoscope, the scope is limited to the curved rigid endoscope. The model of
the endoscope is explained further in Section 4.2.2.

A contact force model is defined to calculate the interaction between the
instrument and the curved rigid tube. Contact with rigid surfaces introduces
non-linearity into the system and can be computationally heavy to simulate. A
contact model, comprising of the wall stiffness, damping and friction, is further
elaborated in Section 4.2.3.

The model of the flexible instrument with the curved rigid tube is shown in
Fig. 4.1. The origin of the global frame,O, is situated at the beginning of the
tube and the initial tangential direction is theX-axis. The encircled number,n©,
represents thenth beam element. The nodes are represented by the numbers.

4.2.1 A Flexible Surgical Instrument as Interconnected Beam El-
ements

The surgical instrument is modeled as a series of interconnected flexible beam
elements as available in the SPACAR program [21]. Each beam element has
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Fig. 4.2: The spatial flexible beam element

a node at either end. At each node six independent coordinates are defined–
three translations and three rotations. Hence, the configuration of the element
is determined by the position vectorsxp andxq, and the angular orientation
of the orthonormal triads [epx, e

p
y , e

p
z ] and [eq

x, e
q
y, e

q
z] rigidly attached to the end

nodespandq, as shown in Fig. 4.2. In the undeformed state, the triads coincide
with the axisp-q and the principal axes of its cross-section. Therefore, the
vector of nodal coordinates for the beam element is expressed as the two sets
of Cartesian coordinates,xp andxq, and two sets of Euler parameters,λλλp and
λλλq, representing the orientation of the triads at the nodesp andq

xbeam=
[

xpT , λλλpT , xqT , λλλqT
]T
. (4.1)

The spatial beam element has a total of fourteen nodal coordinates with
two constraint conditions for the Euler parameters. The number of degrees of
freedom of the element as a rigid body is six. Consequently, the beam element
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has six deformation modes defined as [22]:

elongation: ǫ1 = D1(x) = l − l0,
torsion: ǫ2 = D2(x) = l0(ep

z · e
q
y − ep

y · e
q
z)/2,

bending: ǫ3 = D3(x) = − l0el · e
p
z ,

ǫ4 = D4(x) = l0el · e
q
z,

ǫ5 = D5(x) = l0el · e
p
y ,

ǫ6 = D6(x) = − l0el · e
q
y,

(4.2)

wherel = ‖xq − xp‖ is the distance between the nodal points,l0 is the reference
length of the element, andel = (xq−xp)/l is the unit vector directed from node
p to nodeq. The first and second deformation modes,ǫ1 and ǫ2, describe
the elongation and torsion of the element. The other four deformation modes,
ǫ3–ǫ6, are related to the bending deformations of the element. The analytical
functionsDi are called deformation functions.

Kinematic Analysis

The kinematic model is obtained by assembling the finite elements. The ele-
ments are connected at the common nodal points. The vector of nodal coordi-
natesx, thus formed, defines the configuration of the instrument. The vectorx
is, therefore, given by

x = [x1 x2 ... xnx]
T (4.3)

wherenx represents the total number of nodal coordinates.
The vector of deformation modese of all elements are then written as a

vector function of the nodal coordinates

e = D(x) . (4.4)

Kinematic constraints are introduced by imposing conditions on both nodal
coordinatesxi and deformation mode coordinatesei .

The configuration and the deformation state of the instrument is defined by
the independent generalized coordinatesqi . The vector of all the independent
generalized coordinatesq is, therefore, called the vector of degrees of freedom
(DOF). It includes the vector of independent generalized nodal coordinates
x(m) and the vector of independent deformation mode coordinatese(m)

q =
[

x(m)

e(m)

]

. (4.5)
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The motion of the instrument is described as the function of the vectorq of
the independent generalized coordinates. The solution is expressed as

x = F
(x)(q), (4.6a)

e = F
(e)(q), (4.6b)

whereF (x) andF (e) are called the geometric transfer functions. The geometric
transfer functions cannot be calculated explicitly from Eqn. (4.4), but they have
to be determined numerically in an iterative way [21]. The velocity vectors and
the acceleration vectors are obtained by differentiating Eqn. (4.6) successively
with respect to time.

Dynamic Analysis

In a dynamic analysis, the equation of motion is solved first. The equations
relate forces and torques to positions, velocities, and accelerations. The in-
ertia properties of the concentrated and distributed mass of the elements are
described by means of lumped and consistent mass matrices. The global mass
matrix is obtained by assembling the lumped and consistent element mass ma-
trices. The stiffness properties are also defined for the flexible elements by
means of stiffness matrices relating stress resultants and deformations. The
stiffness matrices are calculated using polynomial interpolations for the defor-
mations of the element. A distributed mass along the center line and lumped
moments of inertia at the nodes for the rotational inertia are defined. The de-
tailed description of the element and its stiffness and inertia properties can be
found in [40].

The equations of motion are derived using the principle of virtual power
and the principle of d’Alembert. By making use of the geometric transfer
function, Eqn. (4.6), the equations of motion are written as a set of second order
ordinary differential equations for the independent generalized coordinatesq.
For the detailed description and derivation of kinematic and dynamic analysis
of elements, the readers can refer to [20,63].

Numerical Integration Methods

The equations of motion are solved numerically using SPACAR program. It
has a comprehensive list of integrators, which includes various explicit, im-
plicit, and semi-implicit methods [41, 53]. We used the explicit third-order
Runge–Kutta method with the variable step-size. The step-size is selected



78 Chapter 4. 3-D Modelling of a Surgical Instrument

based on an estimate for the truncation error. The small error bound guides
the integration method towards choosing sufficiently small time steps needed
for the stability [42]. A relative error bound of 1.0× 10−4 is chosen for the
solution. However, this has to be chosen carefully as larger value leads to in-
stability, but on the other hand a smaller value leads to longer computation
time. For the stability of the various numerical integration methods and the
limit to the step-size, the readers can refer to [41].

Discussion

Different kinds of finite elements are needed to model the complete surgical
instrument. A hinge element is used to prescribe the input rotation motion at
the proximal end of the instrument [12,63]. The entire length of the instrument
is modeled by choosing multiple spatial beam elements. As the shape of the
tube changes, the minimum number of the beam elements required to accu-
rately model the instrument behavior also changes. The higher the curvature
of the tube, the smaller is the required length of the beam element. Therefore,
more beam elements are required for the same length of the instrument if the
tube is more sinuous.

A length ratio (le/Rmin) can be defined and used as a parameter to choose
an optimum length of the beam element for a given shape of a curved tube.
Here, le is the element length andRmin is the minimum radius of curvature
of the tube. As the instrument is always confined within the tube, this also
ensures limited deformation within an individual element. This is also equal
to the angle subtended by the element at the center of curvature. Moreover,
more elements also mean high computational time required for the simulation.
An element length, corresponding to 15◦ angle subtended, has been used by
ten Hoff for the study of rotation transmission behaviour of a flexible drive-
shaft [60]. This corresponds to the length ratio of 0.26. Hakvoort used 12
elements to define the semicircular part of the curve to model a Coriolis mass-
flow meter for the shape optimization [15]. We further investigated the effect of
the length ratio on the sliding behavior of a flexible instrument inside a circular
tube and observed that a length ratio smaller than 0.15 gives a sufficiently
accurate result [26]. We used this as a basis in choosing the length of the beam
element. However, the model has to be refined or coarsened depending on the
accuracy or the computation time required.
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4.2.2 An Endoscope as a Rigid Curved Tube

The endoscope is modeled as a rigid curved tube of uniform circular cross-
section. The shape of the tube is defined by the centerline of the tube. The
centerline is defined by a straight line, a circular arc, a Bézier curve, or a
combination of these. Different geometric shapes are connected together to
define the entire length of the curved tube. The tangents at the joining end of
the two sections are the same. A planar case was explained in [26, 31], and
can be referred to for the detailed description. However, for the 3-D case, the
rigid curved tube has to be defined in the 3-D space and is explained in detail
in this section. The kinematics of the contact between the instrument and the
endoscope is explained in detail with respect to the geometric shape of the
curve chosen to describe the section of the curved tube.

Kinematics of the contact between the instrument and the endoscope

As the instrument progresses inside the curved tube, the contact takes place
at the nodes. The position of the interacting node is given by the position
vectorPo. The corresponding closest point on the center line of the tube is
called the base point and denoted by the position vectorPc. The tangent vector
at Pc is represented byP′c. Three orthogonal directions—radial, axial, and
circumferential—are defined at the interacting node and denoted by the unit
vectorse1, e2 ande3 respectively. The triad can be termed as the contact triad
and expressed as

e1 =
(Po − Pc)
‖Po − Pc‖

(4.7a)

e2 =
P′c
‖P′c‖

(4.7b)

e3 = e1 × e2. (4.7c)

Figure 4.3 shows the contact triad attached to the interacting nodePo.
The calculation of the contact triad requires finding the position of the base

point Pc on the centerline and the tangent vectorP′c at the base point. The
calculation ofPc andP′c are explained here for a Bézier tube and a circular
tube.

Bézier Tube A 3-D cubic B́ezier curve is defined by a set of four control
points. The first and last control points,P1 andP4, coincide with the endpoints
Ps andPe of the curve. The shape of the curve is determined by the interior
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Fig. 4.3: Contact triad at the interacting nodePo of the beam when in contact with the Bézier
tube

control points,P2 andP3 [9, 11]. A part of the 3-D tube can be defined by
selectively choosing the control points.

Figure 4.3 shows the centerline of the curved tube defined by a Bézier curve.
P(u) is the location of a point on the Bézier curve depending on the parameter
u for 0 ≤ u ≤ 1. The tangent vectorP′c is given by the parametric derivative
of the curve at pointPc. The starting pointPs of the curve corresponds to
P(0) and the end pointPe to P(1). The vector (Po − Pc) is perpendicular to the
tangent vectorP′c. The pointPc is obtained by solving

(Po − Pc) · P′c = 0 (4.8)

for 0 ≤ u ≤ 1. The value ofu, satisfying Eqn. (4.8), locates the pointPc and
the tangent vectorP′c. The detailed description of the Bézier curve and the
calculation of the base point and the tangent vector can be referred to [26,31].
Figure 4.3 shows the contact triad at the interacting nodePo inside the B́ezier
tube.

Circular Tube A circular tube is defined by an arc as the centerline of the
tube. The arc is defined by the radiusR, the centerPco, and the unit vectoreb

normal to the plane containing the arc. Figure 4.4 shows the configuration of
the circular tube.
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The base pointPc on the centerline is calculated analytically. As the cross-
section of the circular tube containing the interacting nodePo is perpendicular
to the plane containing the arc, the tangent vectorea at the base pointPc is
obtained from the vectors (Po − Pco) andeb as

ea =
eb × (Po − Pco)
‖eb × (Po − Pco)‖

. (4.9)

The radial vectorec from the center of the circular arc to the base pointPc is
then calculated from the cross product of the vectorsea andeb as

ec = ea × eb. (4.10)

The position of the base pointPc is then given by

Pc = Pco+ Rec. (4.11)

Figure 4.4 shows the contact triad defined at the interacting nodePo of the
beam when the node is in contact with the inner wall of the circular tube.

Instantaneous velocity at the point of contact

As the instrument has a certain thickness, the actual contact pointP lies on
the outer surface of the instrument. If the interacting node has a translational
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velocityvo and angular velocityωωωo, the instantaneous velocityv at the contact
pointP is given by

v = vo + roωωωo × e1 (4.12)

wherero is the radius of the flexible instrument.
The velocity vectorv can be decomposed into normal and tangential com-

ponents
v = vnen + vtet (4.13)

wherevn = v · e1 is the velocity component normal to the wall and the normal
direction is given byen = e1. The tangential velocity componentvt is given by

vt = ‖(v · e2)e2 + (v · e3)e3‖ (4.14)

and the tangential directionet is given by

et =
(v · e2)e2 + (v · e3)e3

vt
(4.15)

Figure 4.5 shows the velocity components at the point of contactP.

4.2.3 Contact Force Model

The contact between the beam and the curved tube is defined at the nodes of
the beam elements and at a point halfway between the nodes. The node expe-
riences a normal force depending on the depth of penetration and the rate of
penetration. The wall stiffness and damping are defined normal to the surface.
Friction at the contact point is also defined. Therefore, depending on whether
there is any sliding motion at the contact point, the node experiences a friction
force in the tangential direction.
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Fig. 4.6: Cross-sections of the tube and the instrument at the point of contact

Normal Force Three contact regions are defined—no contact, full con-
tact, and transition. Figure 4.6 shows the cross-sections of the tube and the
instrument at the contact. A transition zone is defined betweenra and rb

where the wall stiffness and damping varies continuously. The transition zone
makes the normal reaction force continuous and makes the overall computa-
tion faster [26,31]. A dimensionless parameterξ is defined as (xn − a)/(b− a)
such thatξ varies from 0 to 1 as the instrument enters into the transition zone
and leaves it. Here,xn is the normal displacement of the contact node from the
centerline of the tube;a andb are given by (ra − ro) and (rb − ro) respectively.

Therefore, the net normal reaction forceFn is given by

Fn =






0 if xn < a
−(k/2)(b− a)ξ2 − cw(3− 2ξ)ξ2vn if a ≤ xn ≤ b
−k(b− a)(ξ − 1/2)− cwvn if xn > b

(4.16)

wherek is the wall stiffness,cw is the wall damping coefficient, andvn is the
velocity in the normal direction. If the value ofFn is positive, it is replaced by
zero.

Friction Force The friction force is calculated from a Coulomb friction
force model that is made a continuous function of the sliding speedvt at zero
and is given by

Ft = Fc tanh(cvvt) (4.17)

whereFc = µFn is the Coulomb friction,µ is the coefficient of friction be-
tween the contacting surfaces,Fn is the normal reaction force at the contact
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(Eqn. (4.16)), andcv is the velocity coefficient which determines the width of
the transition region near zero sliding velocity,vt [26]. The friction force is
directed to the opposite direction of the sliding velocity.

Resultant force and moment acting at the interacting node Po

The resultant forceF acting at the contact pointP of the instrument by the
inner wall of the tube is given by

F = Fnen + Ftet (4.18)

whereFn and Ft are the normal and tangential forces given by Eqn. (4.16)
and (4.17) respectively. Figure 4.5 shows the force components acting on the
instrument at the point of contactP.

Therefore, the resultant forceFo and momentMo acting at the interacting
nodePo due to the total interaction forceF acting at the contact pointP are
given by

Fo = F (4.19a)

Mo = roen × F . (4.19b)

The contact forces are transformed to equivalent nodal forces by equating
the virtual work of the two force systems. The virtual displacement of the nom-
inal contact point is found from the virtual displacements and rotations of the
instrument. The total virtual work of the contact forces is found by integrating
the virtual work of the distributed load over the length of the element. The inte-
gral is approximated by a numerical integration by a three-point scheme based
on the contact forces and moments at the nodes and at the halfway point. For
the detailed description, the readers can refer to [42].

4.3 Simulation

The interaction force between the instrument and the curved tube is imple-
mented in the SPACAR program through a user-defined routine. The axial
deformation of the beam element is suppressed to limit the highest natural fre-
quency in the system and, thus, reducing the computation time.

The developed 3-D flexible multibody model is used for the simulation of
fine manipulation in translation and rotation under different loading conditions.
We studied the motion and force transmission of the instrument. The details of
the various simulations are presented in the following sections.
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4.3.1 Fine Manipulation in Translation in a Curved Rigid Tube

In order to understand the transmission characteristics of the instrument inside
an endoscope in the presence of friction, a curved rigid tube is defined by a
circular section of 90 degrees of radius 300 mm. The tube is defined in the
xy-plane. Figure 4.7 shows the configuration of the curved tube with the in-
strument. Two straight tubes are defined at the entry and exit of the curved
tube to further guide the instrument ends. The instrument is defined by a stain-
less steel wire of 0.5 mm diameter. The length of the instrument inside the
curved section is defined by 10 equal length spatial beam elements. Two beam
elements of 50 mm length are defined at the ends. An input motion along the
x-directionxin is prescribed at the proximal end. The output motion of the dis-
tal end along the longitudinal axisxout is observed. A small stroke sine input
motionxin is applied as follows

xin(t) = Asin(ωt) (4.20)

whereA is the amplitude andω = 2π fn. Here, the amplitudeA is 20 mm and
the frequencyfn is 1 Hz. The velocity ˙xin and the acceleration ¨xin are also
prescribed at the input node accordingly. In this case, the output motionxout is
along they-direction.

No load at the distal end

At first, the simulations are performed in which there is no load attached to
the distal end. The instrument is assumed straight in the beginning. The ini-
tial deformations of the elements are obtained analytically and prescribed in
the beginning to place the instrument along the centerline of the curved rigid
tube. The instrument remains constrained inside the tube during the simula-
tion due to the interaction with the tube wall. The data used for the model and
simulation are given in Table 4.1.
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Table 4.1: Data used for the simulations

Description Values Unit
Density,ρ 7.8 103 kg/m3

Young’s modulus,E 200 109 N/m2

Shear modulus,G 79 109 N/m2

Radius of the wire,ro 0.25 mm
Mass/length,ρA 1.532 10−3 kg/m
Flexural rigidity,EI 6.14 10−4 N m2

Torsional rigidity,GJ 4.85 10−4 N m2

Inner radius of the tube,ra 2.0 mm
Size of the transition zone 0.5 mm
Wall stiffness,k 2.0 104 N/m2

Wall damping,cw 10.0 Ns/m2

Velocity coefficient,cv 1.0 103 (m/s)−1

Effect of the coefficient of frictionµ. Various simulations are performed
for different values of the coefficient of frictionµ between the instrument and
the curved tube. The motion of the distal endxout is compared with the motion
of the proximal endxin. The simulation results are shown in Fig. 4.8. As the
value ofµ increases, the motion hysteresis also increases. During the retraction
of the instrument, the distal end follows the proximal end closely. However,
as the direction of motion changes and the instrument starts moving forward
inside the curved tube, the distal end does not follow the input motion instantly.
Moreover, the motion of the distal end is oscillatory during this stroke. This is
more evident when we compare the velocity of the ends.

Figure 4.9 shows the velocity of the distal endvout for different values ofµ.
The velocity of the proximal endvin is also shown for the comparison. The
stick-slip behavior is clearly evident at the end of the stroke when the velocity
changes sign. Moreover, the motion is smoother in the retraction stroke while
it is oscillatory in the other stroke.

Axial load at the distal end

A load is applied at the distal end along they-direction via an extension spring
of stiffness (ksp = 120 N/m). An initial extension of 60 mm is defined so
that there is always a tensile force acting on the instrument during the entire
motion.
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0.5 1 1.5 2
−0.2

−0.1

0

0.1

0.2

0.3

 

 

0.2
0.5
1.0

time, [s]

v o
u

t,
[m

/s
]

vin
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The output motionxout is compared with the input motionxin. The motion
characteristic of the instrument is compared with the no-load case. The value
of µ used for the simulations is 0.2. Figure 4.10 shows the motion hysteresis
with and without axial load. In the preloaded case, the backlash is reduced
to 0.6 mm from 2.8 mm in the no-load case. The preloading in one direction
helps in reducing the motion hysteresis.

Figure 4.11 shows the velocity of the distal endvout with and without the
axial load. The distal end is closely following the input motion in the case
of the preloaded case. The motion is without oscillations in both the strokes,
unlike the no-load case. The instrument shows the stick-slip behavior near the
zero speed motion.
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Force transmission. The force transmission from the proximal end to the
distal end is also analyzed. The forces at the proximal endFin is compared
with the force at the distal endFout (see Fig. 4.12). Here,Fout is equal to
the spring forceFsp. During the retraction of the instrument, the force at the
proximal end has to overcome the spring force and also the friction force; and
thereforeFin is larger thanFout. However, as the direction of motion changes
at the end of the stroke and the instrument starts moving forward, the friction
force acts opposite to the spring force; and thereforeFin is smaller thanFout.

The force transmission in the case of the axial loading can be compared
with the capstan equation. The detailed analysis is presented in the following
section.
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Comparison with the capstan equation

The well-known relationship between the output and input tensions on the both
sides of a flexible string wound around a circular shaped body is given by the
capstan equation. In the axially preloaded case, the capstan equation can be
written as

Fin

Fout
= e±µθ (4.21)

Here, the sign is positive when the instrument is retracting and it is negative
when the instrument is moving forward. The input force based on Eqn. (4.21),
Fcap, is also shown in Fig. 4.12. The input forceFin obtained from the simu-
lation result is closely following the input force based on the capstan equation
Fcap. However, near the zero velocity region, the input forceFin is not chang-
ing abruptly as compared to the estimated forceFcap. Note that we used a
continuously varying Coulomb friction force model near zero sliding speed
which is dependent on the velocity coefficientcv (see Eqn. (4.17)). The slope
in Fin near zero sliding speed is related to the stiffness of the spring.

Eqn. (4.21) can be further written as

ln

(

Fin

Fout

)

= ±µθ. (4.22)

As it is evident from Eqn. (4.22), the logarithm of the force ratio is constant
and jumps fromµθ to −µθ as the direction of motion changes. Figure 4.13
shows the plot of the logarithm of the force ratio with respect to the output
force Fout. The simulation result is compared with the analytical result. The
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plot will be used later for the estimation of the value ofµ. The simulation result
shows a deviation from the capstan equation. The percentage deviation of the
logarithm of the force ratio is calculated with respect to the value ofµθ for the
both strokes of motion. The effect of the bending rigidity of the instrument
and the magnitude of the axial load applied at the distal end on the percentage
deviation is also studied. The results are presented in Table 4.2.

Effect of the bending rigidity. The capstan equation does not take the
bending rigidity of the wire into consideration. However, several researchers
have either included the bending rigidity in the formulation and modified the
capstan equation or analyzed the effect of the bending rigidity [23,56]. For the
validation of the proposed model, the bending rigidityEI of the instrument is
reduced and the percentage deviation is compared. The results are shown in
Table 4.2. We observed that the percentage deviation only reduced marginally
in this case. Further reduction in the bending rigidity does not reduce the
deviation.

Effect of the axial load. The magnitude of the axial load acting on the dis-
tal end can reduce the effect of the bending rigidity on the force transmission.
The larger the magnitude of the axial load, the less will be the effect of bending
rigidity on the force transmission. The amount of the axial load is reduced by
decreasing the spring stiffness attached at the distal end. The percentage devi-
ation from the capstan equation is shown in Table 4.2. We observed a marginal
change in the percentage deviation. The deviation does not increase with the
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Table 4.2: Percentage deviation from the capstan equation

Retraction Push-in
Effect of bending rigidity
EI 3.1–5.6 1.7–4.0
(1.0× 10−2)EI 3.0–5.1 1.6–3.8
(1.0× 10−6)EI 3.0–5.1 1.6–3.8
Effect of axial load
ksp 3.1–5.6 1.7–4.0
(1.0× 10−1)ksp 2.4–5.3 1.2–2.9

reduction in the axial load as expected.
The maximum percentage deviation observed in this case is 5.6 %. This

corresponds to a deviation of 1.8 % in the estimation ofFin. In the present con-
figuration, the radius of curvature of the rigid curved tube over which the wire
is bent is 1200 times the radius of the wire. The effect of the bending rigidity
of the instrument and the magnitude of the axial load may be significant if the
radius of the curvature of the curved tube is small. However, the simulation
results already show good agreement with the capstan equation. The effect of
number of elements were also performed, but we did not observe a significant
change. The other parameter which can affect the transmission behavior is the
wall stiffness. The value of the wall stiffness is chosen to reduce the overall
computational time.

4.3.2 Fine Manipulation in Rotation in a Curved Rigid Tube

In order to understand the motion and torque transmission of the instrument
inside the curved rigid tube, we performed the simulation for the fine manip-
ulation in rotation. The configuration of the model is same as for the fine
manipulation in translation as shown in Fig. 4.7. A rotation motion input is
given to the proximal end through a hinge element.

No load at the distal end

There is no load applied at the distal end. The instrument is straight in the be-
ginning and an initial deformation is applied to the individual beam elements
so that the instrument takes the shape of the curved rigid tube. Various simu-
lations are performed to study the effect of friction on the motion and torque
characteristics in rotation. A sinusoidal motion input in rotationθin is given to



92 Chapter 4. 3-D Modelling of a Surgical Instrument

0 0.05 0.1 0.15 0.2

−0.4

−0.2

0

0.2

0.4

0.6

 

 

0.2

0.0

1.0

0.5

Time, [s]

(θ
o

u
t
−
θ i

n
),

[d
eg

]

Fig. 4.14: Difference in angular displacement for different values of (µ= 0.0,0.2,0.5,1.0)

the proximal end as follows:

θin = Asin(ωt) (4.23)

whereA = π/2 is the amplitude of the rotation input andω = 2π fn. Here, the
frequencyfn is 10 Hz. The angular velocitẏθin and the acceleration̈θin are also
prescribed. A higher value offn is used as the simulation is faster. A smaller
value of fn increases the computation time considerably.

Effect of the coefficient of frictionµ. The rotation of the distal endθout is
observed for different values of (µ= 0.0,0.2,0.5,1.0). Figure 4.14 shows the
plot of the difference in angular displacement (θout− θin) for different values of
µ. For the frictionless contact (µ= 0.0), the difference in angular displacement
is of the order of±0.2 degree. The difference is due to the inertia as the angular
velocity is not constant. As the value ofµ increases, the difference in angular
displacement also increases. Forµ = 1.0, the difference is of the order of
±0.4 degree. Due to the additional friction torque acting at the various nodes,
the difference in the angular displacement will increase. Note that the plots
cover the first two periods only and the transient effects are clearly visible.

The moments at the proximal end are obtained from the simulation results
for different values ofµ. The moment along the longitudinal axisMx is equal
to the driving torque. In this case, it will be equal to the inertia torque and the
friction torque. Figure 4.15 shows the plot of the moment alongx-axis at the
proximal end for different values ofµ. For the frictionless case, the moment
Mx is equal to the inertia torque only. However, as the value ofµ increases, the
momentMx has to overcome the increased friction torque also.
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The flexible instruments often exhibit whipping motion in rotation [42,60].
Different flexural rigidity along the two principal axes of the instrument and the
pre-curvature can affect the motion transmission and can render the instrument
unusable and dangerous. Therefore, it is important that the developed model
should be able to predict the motion characteristics.

Effect of different flexural rigidity along the two principal axes (EIy ,
EIz). The parameterp defines the deviation from the mean value of the flex-
ural rigidity EI such thatEIy = (1+ p)EI andEIz = (1− p)EI. The motion and
force characteristics are studied for different values ofp. The value ofµ used
for the simulations is 0.2. There is no load applied at the distal end. Again, the
sinusoidal motion input in rotation is prescribed at the proximal end.

The lag in angular displacement (θin − θout) is obtained from the simulation
results for the various values ofp. Figure 4.16 shows the plots of the lag in
angular displacement with respect to the input rotationθin. For the smaller
values ofp, the lag is gradual. As the value ofp increases, the amount of
lag also increases. At a larger value of (p = 0.3), the whipping phenomenon
is observed. The distal end is almost stationary and then suddenly unwinds.
The transient vibration can be observed. The moment along thex-axisMx also
shows the same effect.

Effect of pre-curvature. The effect of pre-curvature is studied using the
developed model. An initial curvature with a radius of (Rc1 = 0.3 m,Rc2 =

1.2 m) is prescribed to the wire. A constant angular rotation of 2 revolutions
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per second is given to the proximal end. There is no load applied at the distal
end.

The lag in the angular displacement, (θin − θout), is calculated for different
values of pre-curvature andµ. Figure 4.17 shows the plot of the lag in the
angular displacement for (µ= 0.0,0.5). The whipping phenomenon is clearly
observed in the case of pre-curvature with smaller radius (Rc1 = 0.3 m). The
amount of lag in the angular displacement is continuously increasing to the
maximum and suddenly unwinds and gives rise to the whipping action. How-
ever, in the case of pre-curvature with larger radius (Rc2 = 1.2 m), the whipping
action does not take place. The friction has a negligible effect.
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Fig. 4.18: Experimental set-up showing the key modules

4.3.3 Discussion

The developed flexible multibody model incorporates all the required/necessary
parameters to study the dynamic behavior of the instrument in translation and
rotation inside a curved rigid tube. We performed various simulations using the
developed flexible multibody model. The simulations in translation and rota-
tion showcases the typical behavior of the wire under different scenarios. The
simulation results conform to the dynamic behavior reported in the literature.
However, experimental validation is required for the confidence in using the
model. The experimental set-up and the experimental validation is explained
in detail in the following section.

4.4 Experimental Set-up and Validation

An experimental set-up was designed to validate the model and simulation
results. The set-up consists of three basic modules: Actuation module (AM),
Force sensing module (FSM), and Tip motion measurement module (T3M).
Figure 4.18 shows the whole assembly of the experimental set-up, indicating
the three modules together with the key components.

The AM provides actuation in 2-DOFs, i.e. translation and rotation along
the longitudinal axis of the instrument at the proximal end. The FSM enables
measurement of all forces and torques arising from the interaction of the in-
strument with the curved rigid tube. The T3M measures the translation and
rotation of the distal end of the instrument along the longitudinal axis. The
translation and rotation of the distal end is measured via a specially designed
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Fig. 4.19: Experimental set-up with the extension spring attached to the distal end of the wire

cam through two laser displacement sensors (LDS). The details of the design
and evaluation of the set-up can be referred to [27,30].

The set-up is configured as shown in Fig. 4.18. A glass tube is bent to
a circular arc of 90 degrees and of radius 300 mm. A stainless steel wire
of diameter 0.5 mm and length 800 mm is chosen for the model validation.
The glass tube is chosen so that the wire can be observed from outside. The
curved glass tube is rigidly attached to the top floating plate of the FSM. The
straight sections of the tube at the entry and exit are aligned along thex– and
y–directions. The ends of the wire are attached to the AM and the T3M or the
load as per the requirement.

Various experiments are performed to validate the developed model for mo-
tion and force transmission in translation and rotation.

4.4.1 Motion and Force Transmission During Translation

An extension spring is attached to the distal end of the wire to preload the wire
in tension as shown in Fig. 4.19. The proximal end of the wire is attached to
the AM. An initial extension is prescribed so that the wire is always in tension
during the entire motion. A sinusoidal motion is given to the proximal end.

Figure 4.20 shows the plot of the forces and moments in thexyz–directions
measured by the FSM. The input forceFin acting on the proximal end of the
wire is equal and opposite to the reaction force inx–directionFx measured by
the FSM. The output forceFout acting at the distal end of the wire is equal
and opposite to the reaction force iny–directionFy measured by the FSM.
Moreover, the output forceFout is equal to the spring force. The measured
signal is filtered off-line, forward and backward in time to achieve zero-phase
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Fig. 4.20: Forces and moments inxyz–directions measured by the FSM

digital filtering. A 2nd order low-pass digital Butterworth filter is designed
with cut-offfrequency of 45 Hz [30].

The output forceFout depends on the extension of the spring attached to
the distal end. As the proximal end moves, the distal end follows the motion;
and accordingly we observe a gradual change in the output forceFout. The
input forceFin has to overcome the friction force and the spring force during
retraction. However, at the end of the retraction stroke as the direction of
motion changes, the direction of the friction force also changes and the input
forceFin has to overcome the spring force minus the friction force. The sudden
change inFin can be observed at the end of the stroke.

The forcesFin andFout also apply moments alongy– andx–axes respec-
tively. The changes inFin andFout are reflected in the momentsMy andMx

respectively (see Fig. 4.20). The corresponding moments follow the same pat-
tern as expected.

Figure 4.21 shows the plot of the input and output forcesFin andFout with
respect to the input displacementxin. Both the input and the output forcesFin

and Fout show a linear relationship during both the strokes of motion. The
relationship betweenFin and Fout will be used to estimate the coefficient of
friction µ between the glass tube and the stainless steel wire, which is described
in detail in the following section.
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Fig. 4.22: Motion hysteresis in translation

The output motion of the distal endxout is calculated from the output force
Fout. Figure 4.22 shows the plot of the output displacementxout with respect
to the input displacementxin. A hysteresis of the order of 0.4 mm is observed
in this case.

Estimation of µ and comparison with the capstan equation

For the estimation of the value of coefficient of friction between the contact-
ing surfaces, the logarithm of the force ratio, ln(Fin/Fout), is calculated and
compared with Eqn. (4.22). Figure 4.23 shows the plot of the logarithm of
the force ratio with respect to the input displacement. The logarithm of the
measured force ratio is shown byFlr . The ratio is constant and only changing
when the direction of motion changes, as expected from Eqn. (4.22). However,
if we see the plot of the logarithm of the force ratio, the measured quantity is
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Table 4.3: Data used for the validation

Parameter Value Unit
Spring stiffness,ksp 144.9 N/m
Initial extension 46.5 mm

not evenly placed around zero as expected from Eqn. (4.22).

If we define a deviation from the capstan equation by a biasδ, Eqn. (4.22)
can be written as

ln

(

Fin

Fout

)

= ±µθ + δ. (4.24)

The biasδ is calculated from the mean value of the logarithm of the force
ratio, ln(Fin/Fout), over complete cycles. The bias measured in this case is
(δ = −0.01). The logarithm of the force ratio is accordingly readjusted and
the modified value of the logarithm of the force ratioF′lr is shown in Fig. 4.23.
The biasδ corresponds to an error of 1.0 % in the force measurement in this
case.

The modified value of the logarithm of the force ratio is used to estimate
the value of the coefficient of friction between the glass tube and the stainless
steel wire: µ = 0.135. The value of the logarithm of the force ratio based
on the capstan equation is also shown in Fig. 4.23 for the estimated value of
µ = 0.135 andθ = π/2. The experimental results show a deviation of 1.0 %
from the capstan equation.



100 Chapter 4. 3-D Modelling of a Surgical Instrument

−10 −5 0 5 10

−0.2

−0.1

0

0.1

0.2

0.3

 

 

xin, [mm]

ln
(F

in
/
F

o
u

t) Capstan
Simulation
Experiment

Fig. 4.24: Comparison of the logarithm of the force ratio, ln(Fin/Fout), with the simulation
result

Comparison with the simulation result

A simulation is carried out using the developed flexible multibody model to
compare with the experimental results. A sinusoidal input motion is prescribed
in translation at the proximal end. An amplitude of 10 mm with a frequency
of 0.2 Hz is used in the simulation. Here, the estimated value of the coefficient
of friction µ of 0.135 is used for the contacting surfaces. An extension spring
is attached at the distal end. The spring stiffness and the initial extension are
stated in Table 4.3.

Figure 4.24 shows the plot of the logarithm of the force ratio, ln(Fin/Fout),
with respect to the input displacementxin. The experimental result is com-
pared with the simulation result. The corresponding plot based on the capstan
equation is also shown. The simulation result shows a good agreement with
the experimental result.

4.4.2 Motion Transmission During Rotation

The rotation experiment is performed by giving a sinusoidal rotation of ampli-
tude 360 degrees at 0.5 Hz at the proximal end of the wire. The distal end is
connected to the T3M. There is no axial load applied at the end. The output
rotation of the distal end is measured with the laser displacement sensor via the
designed cam. Figure 4.25 shows the plot of the rotation output of the distal
endθout with respect to the rotation input of the proximal endθin. Here, an
overshoot of the order of 100 degrees is observed at the end of the each stroke.
This is expected as the cam and the guiding shaft have significant rotational
inertia.
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Table 4.4: Mass properties of the guide shaft and cam

Parameter Unit Value
Rotational inertiaJx kg m2 1.36× 10−5

Jy kg m2 17.47× 10−5

Jz kg m2 17.67× 10−5

Mass m kg 0.100

The rotational inertia of the cam and the guiding shaft are obtained from the
CAD model. The mass properties obtained from the CAD model are stated
in Table 4.4. The rotational inertia along the longitudinal axis is also ob-
tained from the fundamental frequency of the wire and the added inertia at
the distal end. The fundamental frequency is 1.06 Hz. The total length of
the stainless steel wire is 800 mm. The rotational inertiaJx thus calculated is
1.38× 10−5 kg m2.

Comparison with the simulation result

The mass and the rotational inertia of the guide shaft and the cam are added
in the model as a lumped mass and inertia at the distal end of the model. The
same input rotation is prescribed at the proximal end of the model and the
simulation is carried out. The output rotation of the distal endθout is calculated
and compared with the experimental result as shown in Fig. 4.25.

Figure 4.26 shows the plot of the output rotationθout with respect to the in-
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put rotationθin from the experiment and the simulation. The range of motion
obtained from the experiment and the simulation are of the same order. The
simulation result also showed an overshoot of the order of 100 degrees at the
end of each stroke. However, there is significant difference in the experimental
and simulation result. The simulation result shows the initial lag and the re-
covery. This is not evident in the experimental result. Nonetheless, the model
predicts the range of motion in the same order of magnitude. The deviation
in the result may be accounted for the initial curvature or unequal bending
rigidity, which is not accounted for in the model. Characteristic plots can be
obtained for various cases using the developed model. These characteristic
plots can be used to estimate the unknown parameters and can be used in the
model to further refine it.

4.5 Discussion

The assumption that the curved tube is rigid and the geometry of the tube is not
changing due to the interaction with the instrument is generally valid because
the endoscope is supported by the surrounding organs or part of the anatomy
where it is inserted. Nonetheless, the interaction of the instrument tip with the
tissue can exert such a high force on the endoscope that the endoscope cannot
be assumed to be rigid anymore. Therefore, a flexible model for the tube will
be required to address such interactions. The current model is limited to the
interaction with the curved rigid tube only, but it can be extended to account
for an elastic tube.
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The simulations for the rotation were rather computationally heavy. There-
fore, a higher value of angular rotation is used for the simulation.

Whipping action of the instrument is not desired as it makes the instrument
uncontrollable and can be dangerous in surgical applications. However, the
presence of an initial curvature cannot be ignored because of manufacturing
limitations. The model can be used to investigate the dependence of various
parameters on the onset of whipping motion.

4.6 Conclusion

A general 3-D flexible multibody model of the instrument was set up. The con-
tact model and the model of the curved rigid tube was appropriately defined.
The effect of various parameters in motion and force transmission was studied
through various simulations in translation and rotation.

The simulations for the fine manipulation in translation show the stick-slip
behavior clearly when the input velocity changes direction. However, the mag-
nitude of the stick-slip is greatly reduced when the distal end is preloaded in
tension. The motion hysteresis is reduced from 2.8 mm to 0.6 mm. For the
unloaded case, the output motion of the distal end is oscillatory during the for-
ward motion. However, the motion is smoother during the retraction. For the
preloaded case, the output motion of the distal end is smoother during the both
strokes of motion.

The ratio of the input force at the proximal end to the spring load at the distal
end is compared with the capstan equation result. The simulation results show
a deviation of 1.8 % in the estimation of input force. The bending rigidity of
the instrument and the magnitude of the axial load applied at the distal end
have no significant effect on the force transmission for the given configuration.

The simulations of fine manipulation in rotation show a motion hysteresis of
the order of 0.4 degree for the unloaded case. However, the motion hysteresis
in rotation increases considerably with different flexural rigidity along the two
principal axes and with a pre-curvature. An increased difference in the flexural
rigidity along the principal axes and an increased value of pre-curvature result
in a whipping action.

Measurements of the input force shows a deviation of the order of 1 % from
the analytical solution obtained from the capstan equation. The measured out-
put rotation of the distal end with respect to the input rotation of the proximal
end is in agreement with the simulation result.

Now we have a general 3-D model of a flexible instrument in a curved rigid
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tube, which can be used to study the effect of various parameters under differ-
ent scenarios and for different geometric configurations for both in translation
and rotation.
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5
Improved Force Transmission of
a FlexibleSurgical Instrument
by Combining Input Motion

The force transmission of a flexible instrument through an endoscope is consid-
erably deteriorated due to friction between the contacting surfaces. Friction
force along the axial direction can be reduced by combining the translation
motion input with rotation. A ratioζ is defined to measure the reduction in the
friction force along the axial direction due to the combined motion input at the
proximal end of the instrument. An analytical formula is derived that shows
the reduction in the friction force for the combined motion input. A flexible
multibody model is set up and various simulations are performed with differ-
ent motion inputs. The simulation result showed a reduction of 80 % in the
value ofζ in accordance with the analytical result for the given velocity ra-
tio. Several experiments are performed with constant translation motion input
combined with constant and sinusoidal rotational motion input. A maximum
reduction of 84 % is obtained in the value ofζ against a reduction of 89 % cal-
culated analytically. The knowledge of force transmission with a combination
of motions can be used to increase the force fidelity of a flexible instrument in
applications like robotic surgery with a flexible instrument.

Key words: friction alleviation, force transmission, flexible instrument, com-
bined motion
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Force Transmission of a Flexible Surgical Instrument by Combining Input Mo-
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5.1 Introduction

The current robotic surgical systems have revolutionized the field of minimally
invasive surgery (MIS) by dexterity enhancement, navigation and guidance,
and improved visualization [6, 14, 32, 34]. These systems often employ long
rigid instruments. However, the application of flexible instruments becomes
apparent and inevitable with new trend in surgery,i.e. flexible endoscopic
surgery, Natural Orifice Transluminal Endoscopic Surgery (NOTES) and Sin-
gle Incision Laparoscopic Surgery (SILS) [7, 57]. Nonetheless, the surgeons
are deprived of their touch feedback, often referred as haptic or force feedback,
while performing robotic surgery using these instruments [43,46,61]. The ad-
dition of force feedback capabilities into MIS procedures provides an excellent
opportunity to improve the quality of surgical procedures by reducing surgical
errors and potentially increasing patient safety.

However, the frictional force causes disturbances to haptic sensations. The
amount of haptic feedback may be enhanced by reducing the frictional force
[43]. Moreover, the reduction in friction force also leads to improved motion
transmission [55]. A better estimation of instrument tip motion also helps in
accurate control of thin flexible surgical instrument [3].

In our previous study [26, 29], we studied the translational and rotational
behaviour of a flexible instrument inside a curved rigid tube. The force trans-
mission of a flexible instrument is deteriorated due to friction between the
instrument and the tube. Frictional force limits the amount of force delivered
at the distal end of the instrument and vice-versa. The advantage with the
robot-assisted system is that it can go beyond the surgeon’s hand movement
and the proximal end of the instrument can be actuated differently in transla-
tion and rotation along the longitudinal axis of the instrument. It is known that
by combining the rotation motion while simultaneously applying force in the
axial direction, an object can be easily pulled out, like a cork from a wine bot-
tle. Therefore, we hypothesized that force transmission of a flexible surgical
instrument can be improved by combining the rotation motion with the axial
motion.

The objective of this paper is to study the effect of combined motion on the
force transmission of the flexible instrument along the axial direction through
a curved rigid tube. Firstly, a mathematical formula is derived to compare the
force transmission along the axial direction for the combined motion with re-
spect to the axial motion only. The ratio of the circumferential and the axial
velocities at the contact point of the instrument due to the rotation and the
translation input motion is defined. The effect of the velocity ratio on the force
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transmission is studied. The details of the analytical formulation are described
in Section 5.2.1. Secondly, a flexible multibody model is set up to perform
simulations for combined motion. The details of the model are described in
Section 5.2.2. Thereafter, various experiments are performed to validate the
analytical and simulation results. Section 5.2.3 describes the experimental
set-up. The simulation and experimental results are discussed in Section 5.3.
Finally, the discussion and the conclusion are presented in Section 5.4 and
Section 5.5 respectively.

5.2 Methods

The effect of the combined motion on the force transmission is studied for a
flexible instrument traversing through a curved rigid tube. A flexible wire of
circular cross-section with diameterdw is used as a flexible instrument for the
analysis. The wire is inserted through a curved rigid tube with a wrap angleα.
Figure 5.1 shows the configuration of the wire inside the tube. The input side
is the proximal end of the wire. The translation motion inputxin is combined
with the rotation motion inputθin. The reaction force at the proximal end is
the input forceFin. The output side, the distal end of the wire, is attached to a
spring. The force applied at the distal end is the output forceFout. The output
motions at the distal end are—xout in translation andθout in rotation.

A mathematical formula is derived for the reduction in the friction force
along the axial direction due to the combined motion input. The force trans-
mission of a flexible wire through a curved rigid tube is analyzed using the
capstan equation. The ratio of the input and output forces is compared for the
combined motion with that of the translation motion only. The details of the
analytical formulation are described in Section 5.2.1. A case study is formu-
lated and analyzed for different values of the combined motion. Analytical
results provide a basic insight into the force transmission of a flexible wire due
to the combined motion.

A flexible multibody model was developed to study the motion and force
transmission of a flexible instrument inside a curved rigid tube [26, 29]. The
model includes the mechanical properties of the instrument and that of the
curved rigid tube, and also the contact properties. A flexible multibody is set
up and described in detail in Section 5.2.2. Various simulations are performed
and the results are compared with the analytical results. The simulation results
are discussed in Section 5.3.

For the experimental validation, we performed various experiments using
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Fig. 5.1: A flexible wire inside a curved rigid tube. The distal end is attached to a springksp.
The input motion is applied at the proximal end.

flexible wire inside a curved rigid tube. An experimental set-up was designed
to study the motion and force transmission of a flexible instrument inside a
curved rigid tube [30]. The set-up provides the input motion to the proximal
end and measures the forces of interaction between the wire and the tube. The
experimental set-up is described in Section 5.2.3. The experimental results are
discussed later in Section 5.3.

5.2.1 Analytical Formulation

The translation motion input at the proximal end results into sliding velocityva

along the axial direction. Likewise, the rotation motion input at the proximal
end produces sliding velocityvc along the circumferential direction at the point
of contact. Ifω is the angular velocity along the axial direction anddw is the
diameter of the instrument, the instantaneous velocity at the point of contact
along the circumferential direction is given byvc = ωdw/2.

Assuming the input motions, translation and rotation, at the proximal end are
conveyed uniformly along the length of the wire, the resultant sliding velocity
at the point of contact on the tangent plane is given by

vt =
[

va
2 + vc

2
]1/2

(5.1)

tanφ= vc/va (5.2)
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Fig. 5.2: Friction force at contact point P. The unit vectors along the axial directionea and the
circumferential directionec constitute the tangent plane at the point of contact. The resultant
tangential velocityvt makes an angleφ with the unit vectorea. The resultant friction forceFt

acts in the opposite direction ofvt.

where the angleφ is the angle the resultant sliding velocityvt makes with the
unit vectorea along the axial direction. The velocity components along the
axial and circumferential directions on the tangent plane at the point of contact
P are shown in Fig. 5.2.

Reduction in friction force along the axial direction

As the friction force acts in the opposite direction of the resultant sliding ve-
locity, the resultant friction force also makes an angleφ with the unit vector
ea along the axial direction. The friction force components along the axial and
circumferential directions are shown in Fig. 5.2. It is evident from the figure
that for a given velocityvt the friction force along the axial direction is the
maximum forφ = 0 andFa = Ft. On the other hand, the friction force along
the axial direction is the minimum forφ = π/2 andFa = 0. In general, the
friction force along the axial direction is given by

Fa = Ftcosφ. (5.3)

If we assume the Coulomb friction force model, for the given normal reac-
tion forceFn acting at the contact point P, the friction forceFt is given by

Ft = µFn (5.4)

whereµ is the coefficient of friction between the two contacting surfaces.
Therefore, if the translation motion is combined with the rotation motion,

the friction force along the axial direction can be rewritten as

Fa = µFncosφ. (5.5)
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Hence, the effective coefficient of frictionµeff along the axial direction in the
case of combined motion is

µeff = µcosφ. (5.6)

The reduction in the friction force along the axial direction due to the com-
bined motion is given by

∆Fa = (1− cosφ)Ft. (5.7)

Therefore, by combining the motion, the friction force along the axial direc-
tion can be reduced. A reduction in the overall friction force along the axial
direction also leads to reduced motion hysteresis in translation [55].

Force transmission due to the combined motion

For the wire in curved tube as shown in Fig. 5.1, the force transmission in
the translation motion can be compared with the capstan equation. The well-
known relationship between the output and input forces on the both sides of a
flexible string wound around a circular body is given by the capstan equation
[23]. If Fin andFout are the forces on the input and output sides, the capstan
equation can be written as

Fin

Fout
= e±µα (5.8)

whereµ is the coefficient of friction between the two contacting surfaces, and
α is the wrap angle. Here, the sign is positive when the wire is retracting and
it is negative when the wire is moving forward.

If there is only translation motion along the axial direction, the logarithm of
the force ratio can be written as

ln

(

Fin

Fout

)

trans
= ±µα. (5.9)

The absolute value of the logarithm of the force ratio remains constant for
a given configuration of the wire and the tube and is equal toµα. The sign
depends on the direction of motion of the wire.

In the case of the combined motion, the logarithm of the force ratio is given
by

ln

(

Fin

Fout

)

comb
= ±µeffα. (5.10)
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Let us defineζ as a ratio of the logarithm of the force ratio for the com-
bined motion and the logarithm of the force ratio for the translation motion to
compare the effect of the combined motion on the force transmission along the
axial direction, that is

ζ =
ln

(
Fin
Fout

)

comb
∣
∣
∣
∣ln

(
Fin
Fout

)

trans

∣
∣
∣
∣

. (5.11)

Here, we use the absolute value in the denominator for the comparison. From
Eqn. (5.9), Eqn. (5.10) and Eqn. (5.6), Eqn. (5.11) can be rewritten as

ζ =
±µeffα

µα
(5.12)

= ±cosφ. (5.13)

The ratioζ is used to calculate the force transmission along the axial direc-
tion. As φ → π/2, the value ofζ approaches towards 0. Correspondingly,
the force transmission along the axial direction will be the maximum. In this
case, the friction force will be acting along the circumferential direction of the
wire, and the force transmission along the axial direction will be maximized.
However, Asφ→ 0, the value ofζ approaches towards 1. The force transmis-
sion along the axial direction, in this case, will be the minimum. The friction
force will act along the axial direction of the wire, and will limit the force
transmission along the axial direction.

For all anglesφ, it follows from Eqn. (5.2) and Eqn. (5.13) thatζ can be
expressed in terms of velocity ratiovc/va as

ζ = ±
1

√

1+ (vc/va)2
. (5.14)

It is apparent from Eqn. (5.14) that the magnitude of the ratioζ decreases with
increasing velocity ratiovc/va and, therefore, the force transmission improves
with the increased velocity ratio.

Analytical results

We analyzed the effect of the combined motion on the force transmission along
the axial direction. From Eqn. (5.14), we observe that the ratioζ depends on
the velocity ratiovc/va. In order to get different velocity ratio, a constant axial
velocity is combined with a sinusoidal rotation input at the proximal end.



112 Chapter 5. Improved Force Transmission

Let us consider a guide wire inserted into a curved rigid tube as illustrated
in Fig. 5.1. The distal end of the guide wire is attached to a spring with a
linear stiffnessksp. The input motion is described at the proximal end both in
the translation and rotation. The coefficient of friction between the contacting
surfaces is given byµ.

It is assumed that the guide wire is loaded in tension all the time. A constant
velocity vin is defined along the axial direction. A sinusoidal rotation motion
of amplitudeA and the frequencyf is also defined at the proximal end such
that the initial angular displacement and the velocity are zero, and is given by

θin = Acos(2πf t) − A (5.15)

θ̇in = −2π f Asin(2πf t). (5.16)

Therefore, the velocity components along the axial and circumferential di-
rections are given by

va = ±vin (5.17)

vc = θ̇indw/2. (5.18)

The axial velocity has a constant magnitude, but the sign is reversed to limit the
range of the axial motion. It is assumed that the guide wire can freely rotate
along the axial direction and the spring does not constrain the guide wire in
rotation.

Case study: constantva with sinusoidal vc

Input motion profile both in translation and rotation are defined to analyze the
effect on the ratioζ. A constant translation velocityva = 5 mm/s is defined
along the axial direction. Its direction is reversed every 1 s. A sinusoidal mo-
tion is defined in rotation with different amplitudesA = π, 2π, and 3πradians
and a frequencyf = 1 Hz (given by Eqn. (5.16)). A guide wire of diameter
dw = 0.8 mm is considered. The corresponding velocities along the circumfer-
ential directionvc are calculated (Eqn. (5.18)). Figure 5.3 shows the velocity
profiles in the axial and circumferential directions. Fort < 1.75 s, there is no
rotation motion defined. The velocity along the circumferential directionvc is
triggered aftert = 1.75 s.

The value of the ratioζ is calculated for different values of the axial velocity
va and the circumferential velocityvc using Eqn. (5.14) and shown in Fig. 5.4.
For t < 1.75 s, as there is no rotation motion, the value of the ratioζ changes
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Fig. 5.3: Velocity profile of the input motion in translation and rotation. The velocity along
the axial directionva is combined with the velocity along the circumferential directionvc after
t = 1.75 s. The velocities along the circumferential direction are shown for different amplitude
A [rad] and frequencyf = 1 Hz.

to ±1 as the direction of motion changes. However, aftert = 1.75 s, the mag-
nitude of the ratioζ starts decreasing from 1 as the magnitude of the sinusoidal
rotation motion starts increasing. The maximum decrease in the magnitude of
the ratioζ occurs when the circumferential velocity is maximum for the given
axial velocity. As the circumferential velocity approaches zero, the magnitude
of the ratioζ also approaches towards 1. In the subsequent periodic behaviour,
the frequency of the sine function can be recognized.

Here, we observed that when the circumferential velocityvc is zero, the
friction force acts completely along the axial direction and thus limits the force
transmission. However, as the magnitude of the circumferential velocityvc

increases, the magnitude of the ratioζ decreases and it reaches to the minimum
for the maximum value ofvc.

We observed a significant decrease in the friction force in the axial direc-
tion if the velocity along the axial directionva is combined with the velocity
along the circumferential directionvc. From the chosen case study for the
analysis, the ratioζ reduces to 0.2. The reduction in the friction force will
increase the force fidelity of a flexible guide wire in a curved rigid tube. The
backlash—associated with the friction—can be greatly reduced. In our ana-
lytical study, we did not consider the dynamic effects due to the stiffness or
the inertia properties of the guide wire. We assumed that the wire is infinitely
rigid in translation and rotation. We also assumed that the wire is compliant
in bending. Nonetheless, these assumptions simplify the overall problem and
help in deriving the basic governing equations.

The stiffness and inertia properties of the guide wire can have a detrimental
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effect on the force transmission and can pose limitations to the analytical re-
sults. Therefore, the analytical results are validated with the flexible multibody
model and with the experiments.

5.2.2 Flexible Multibody Model of an Instrument and a Tube

We developed a flexible multibody model to study the behavior of a flexible
instrument inside a curved rigid tube. The modeling task requires three key
components—a finite element model of the instrument, a model of the curved
rigid tube, and the contact model to define the interaction between the instru-
ment and the tube.

In general, a flexible instrument deforms mainly in bending and torsional
directions due to the loading conditions at the instrument tip, the motion and
force input at the proximal end, and the interaction of the instrument with the
tube. The flexible instrument is modeled as a series of interconnected flexible
beam elements. Each beam element has six deformation modes defined—one
mode for the elongation, one mode for the torsion, and four modes for the
bending deformations of the element [21, 22]. Figure 5.5 shows the flexible
multibody model of the instrument and the curved rigid tube. The encircled
number,n©, represents thenth beam element. The nodes are represented by the
numbers.

The curved rigid tube is modeled as a circular tube of uniform cross-section.
The shape of the tube is defined by the centerline of the tube. The centerline
is defined by a straight line, a circular arc, a Bézier curve, or a combination
of these. Different geometric shapes are connected together to define the en-



5.2. Methods 115

O

X
Y

Z

1

2

3
n

n+1

1©

2©

n©

Instrument Tube

Center line

Fig. 5.5: Flexible multibody model of a instrument and of a curved rigid tube

tire length of the curved tube. The contact model includes the interaction in
the normal and tangential directions at the various nodes. Wall stiffness and
damping are defined to calculate the interaction in the normal direction. Fric-
tion between the instrument and the tube is defined to calculate the interaction
in the tangential direction. The details of the developed model can be referred
to [26,28,29].

A flexible multibody model is set up to validate the analytical results. The
effect of the velocity components—along the axial and circumferential directions—
on the force transmission is further investigated.

Description of the Model

A flexible instrument is defined by a stainless steel wire of circular cross-
section of 0.8 mm diameter. The undeformed wire is straight and has no pre-
curvature. The entire length of the wire is defined by interconnected spatial
beam elements. A curved rigid tube is defined by an arc of radius of curva-
ture 300 mm and a wrap angleα = 90◦. The inner diameter of the tube is
4.0 mm. Two straight tubes of the same inner diameter are defined at the entry
and exit of the curved tube. The wire inside the circular section is defined by
10 equal length spatial beam elements. A section of 130 mm and 200 mm long
wire are defined in the straight sections of the tube at the entry and at the exit
respectively. Figure 5.6 shows the configuration of the model.

Simulation for the combined motion

The model is set up for the simulation. The instrument is assumed straight
in the beginning. The initial deformations of the elements are obtained an-
alytically and prescribed in the beginning to place the instrument along the
centerline of the defined curved rigid tube. The data used for the model and
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Fig. 5.6: Configuration of the flexible multibody model of the instrument and of the curved
rigid tube used for the simulation. The instrument is defined by interconnected spatial beam
elements.

Table 5.1: Data used for the simulations

Description Values Unit
Density,ρ 7.8 103 kg/m3

Young’s modulus,E 200 109 N/m2

Shear modulus,G 79 109 N/m2

Mass/length,ρA 3.92 10−3 kg/m
Flexural rigidity,EI 4.02 10−3 N m2

Torsional rigidity,GJ 3.18 10−3 N m2

Size of the transition zone 0.5 mm
Wall stiffness,k 2.0 104 N/m2

Wall damping,cw 10.0 Ns/m2

Velocity coefficient,cv 2.0 103 (m/s)−1

Friction coefficient,µ 0.157

simulation are given in Table 5.1. The load at the distal end is applied through a
linear spring of stiffnessksp = 198.3 N/m and an initial extension of 12.5 mm.
A lumped mass and inertia are added at the distal end to account for attach-
ments used for measurement (see Section 5.2.3). The mass and inertia proper-
ties are given in Table 5.2.

An input motion profile is defined at the proximal end of the instrument in
both directions—translation and rotation—as shown in Fig. 5.3 and outlined
in Section 5.2.1. In the simulations, the amplitude isA = 2π rad, and the
frequency isf = 1 Hz. The simulation is performed fort = 6 s. The rotation
motion is triggered att = 1.75 s so that when the instrument reverses the
direction att = 2 s, the circumferential velocityvc due to rotation reaches to
the maximum.
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Table 5.2: Mass properties of the attachment

Parameter Value Unit
Rotational inertiaJx 1.36 10−5 kg m2

Jy 17.47 10−5 kg m2

Jz 17.67 10−5 kg m2

Mass m 0.100 kg

The input forceFin and the output forceFout are calculated during the simu-
lation. The input forceFin is the force acting at the proximal end and is equal to
the reaction force. The output forceFout is the force acting at the distal end and
is equal to the spring force. The extension in the springxextn is calculated from
the displacement at the distal end. Therefore, the output forceFout = kspxextn.
The force ratioFin/Fout is calculated for the entire motion range. The ratioζ
is calculated further using Eqn. (5.11). The details of the simulation results are
presented in Section 5.3.

The coefficient of frictionµ between the contacting surfaces is assumed con-
stant. The Coulomb friction force model is used in the simulation. The value
of µ does not change with the magnitude of sliding velocity.

5.2.3 Experiments

Various experiments are performed to validate the analytical and simulation re-
sults. We used the experimental set-up previously designed to study the motion
and force transmission of a flexible instrument inside a curved rigid tube [30].
A brief description of the set-up is given in the following section.

Description of the experimental set-up

The experimental set-up consists of three basic modules: Actuation module
(AM), Force sensing module (FSM), and Tip motion measurement module
(T3M). Figure 5.7 shows the experimental set-up, indicating the three modules
together with the key components.

The AM provides the actuation in 2-DOFs,i.e. translation and rotation along
the axial axis of the instrument at the proximal end. The FSM enables all 6-
DOFs measurement of forces and torques arising from the interaction of the
instrument with the curved rigid tube. The T3M measures the translation and
rotation of the distal end of the instrument along the axial direction. The details
of the design and the evaluation of the set-up can be referred to [30].
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Fig. 5.7: Experimental set-up with 2-DOFs actuation module (AM), 6-DOFs force sensing
module (FSM) and 2-DOFs tip motion measurement module (T3M). The AM provides actu-
ation at the proximal end. The FSM measures all the six components of the interaction force
between the instrument and the tube. The T3M performs contactless measurement of the distal
end motion.

The combined motion is effected through the translation and rotation motion
of the AM independently. The motions along the two DOFs are measured by
the encoders. The proximal end of the wire is attached to the AM at the rotation
axis. The motion of the distal end of the wire is measured via the cam through
two laser displacement sensors. The forces acting at the ends of the wire are
measured from the reaction forces measured by the FSM.

A force is applied to the distal end along the axial direction through a spring.
The spring is attached to the base through a string. The configuration allows
the loading of the wire in the axial direction. As the string is extremely com-
pliant in bending and torsion, the rotation motion can be combined with the
translation motion without loading the wire in torsion. Figure 5.8 shows the
details of the attachment to the distal end.

Configuration of the guide tube and wire

For the guide tube, we used a stainless steel tube of outer diameter of 6 mm and
inner diameter of 4 mm. A total length of 800 mm was chosen. The tube was
bent to 90◦ arc of radius of curvature 300 mm. There were straight sections
left at both the ends. The input side of the tube was aligned to the AM and the
output side of the tube was aligned to the T3M. The tube was rigidly attached
to the top plate of the FSM.
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Fig. 5.8: Experimental set-up with the spring attached to the distal end of the wire. One end of
the spring is attached to the base through a string allowing loading in axial direction only.

We chose a stainless steel wire of diameter 0.8 mm and a total length of
880 mm. The wire has no precurvature. The wire is inserted into the tube and
the two ends are attached to the AM and the T3M. The axial load is applied
through the spring and is attached to the base through a string. The extension
of the spring is adjusted so that there is always a tensile load acting on the wire
throughout the range of motion in the axial direction.

5.3 Results

The effect of the combined motion is studied through various simulations and
experiments. The simulation and experimental results are compared with the
analytical result. The combined motion results in a reduction in the force trans-
mission in the axial direction. The value of the ratioζ, defined by Eqn. (5.11),
gives an indication of the amount of reduction in the friction force along the
axial direction. The combined motion is presented in terms of the velocity ra-
tio vc/va. The value of the ratioζ is studied for different values of the velocity
ratio. The simulation and experimental results are presented in the following
sections.

5.3.1 Simulation Results

Simulation results are presented with respect to the given input motion. The
input forceFin and output forceFout are calculated and shown in Fig. 5.9.
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Fig. 5.9: Comparison of the input and output forces with and without rotation motion combined
with the translation motion. The sinusoidal rotation motion is combined with the constant axial
motion aftert = 1.75 s.

We can observe the transients in the beginning. The output forceFout varies
linearly as it depends on the extension of the spring. Initially, as there is only
translation motion along the axial direction, the friction force will be entirely
acting along the axial direction. When the direction of motion changes, the
direction of friction force also changes. The corresponding jump in the input
force Fin can be observed att = 1.0 s. The rotation motion is combined with
the translation motion aftert = 1.75 s. The corresponding changes in the input
forceFin can be observed. As the magnitude of the circumferential velocityvc

increases, the friction force along the axial direction decreases. Therefore, the
difference in the input forceFin and the output forceFout decreases. Inversely,
when the magnitude of the circumferential velocityvc approaches zero, the
friction force acts entirely along the axial direction. Therefore, the difference
between the forces is the maximum.

Effect of the velocity ratio on the ratio ζ The ratioζ is calculated to
compare the effect of the combined motion on the force transmission (see
Eqn. (5.11)). The logarithm of the force ratio for the combined motion, ln(Fin/Fout),
is calculated. The magnitude of the logarithm of the force ratio for the axial
motion only isµα. In this case, the value ofµ is 0.157 andα is π/2 rad. Fig-
ure 5.10 shows the corresponding plot of the ratioζ. Initially, the value ofζ is
1.0 as there is no rotation motion combined with the axial motion. However, as
the translation motion is combined with the rotation motion, we can observe a
decrease in the value ofζ. The analytical value of the ratioζ is calculated using
Eqn. (5.14) as previously shown in Fig. 5.4 and also included in Fig. 5.10. The
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Fig. 5.10: Comparison of the value of the ratioζ with and without rotation motion combined
with the translation motion. The sinusoidal rotation motion is combined with the constant axial
motion aftert = 1.75 s. Analytical result is shown by the dashed line (−−).

simulation result shows a good correlation with the analytical result.
In order to study the effect of the velocity ratio further, different magnitudes

of the sinusoidal rotation motion were combined with the translation motion.
The magnitude of the axial velocityva is 5 mm/s for all the cases. The am-
plitude of the rotation motion is changed. The different values ofA used are
0.0, 0.5π, 1.0π, 2.0πand 3.0πrad. The value of the frequencyf used is 1 Hz.
Figure 5.11 shows the plot of the ratioζ for the combined motion for differ-
ent amplitudes of rotation motion with respect to the input displacementxin

in axial direction. When the amplitudeA of the rotation motion is increased
from 0.5πto 3.0πrad, the magnitude of the circumferential velocityvc also in-
creases. As a result the ratioζ decreases with increasing the amplitudeA. The
results are compared for one full stroke of motion,i.e. for 4.0 s≤ t ≤ 6.0 s for
clarity. The value ofζ remains at 1.0 for no rotation. It can be also observed
that the oscillations are damped out quickly for higher values of the amplitude.
A lag is also observed in the response.

The simulation results show that as the velocity ratiovc/va increases, the
value of the ratioζ decreases. A largest reduction of 80 % in the value ofζ

is observed in the case of a constant axial velocityva = 5 mm/s combined
with the sinusoidal rotation input of amplitudeA = 3.0π rad and frequency
f = 1 Hz. In this case, the value ofζ reduces from 1.0 to 0.2, which is in
agreement with the analytical result.

5.3.2 Experimental Results

Various experiments are performed to see the effect of the combined motion
on the value of the ratioζ. Different velocity ratiosvc/va are obtained by com-
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Fig. 5.11: Comparison of the value of the ratioζ corresponding to constant axial velocity
va = 5 mm/s combined with the sinusoidal rotation input of different amplitudesA [rad] and
frequencyf = 1 Hz.

bining the constant translationvin with either the constant rotation inputωin or
with the sinusoidal rotation input. Both kinds of input motion for rotation are
discussed in the following sections with respect to each translation inputvin.

Estimation of the value ofµ

An experiment was set up to estimate the value of the coefficient of friction
µ between the stainless steel wire and the tube. The wire is inserted into the
curved rigid tube. The distal end is attached to the spring. A constant velocity,
vin = 0.5 mm/s, to-and-fro motion is given to the proximal end. The forces at
the two ends of the wire are calculated.

The value ofµ is calculated from the logarithm of the force ratio. From
Eqn. (5.9),

∣
∣
∣
∣
∣
∣
ln

(

Fin

Fout

)∣
∣
∣
∣
∣
∣
= µα. (5.19)

The mean value, thus, calculated over the two cycles is 0.247. Forα = π/2 rad,
the value ofµ is 0.157. This is the value ofµ used in the simulation.

Constant translation vin with constant rotation ωin

Experiments are performed for different velocity ratios by combining a con-
stant translation inputvin with constant rotation inputωin. The constant veloc-
ity input of 0.25, 0.50 and 1.0 mm/s in translation are used for the experiments.
The translation motion is combined with the constant angular velocity of 0,
π/3, π/2 andπ rad/s.



5.3. Results 123

Case 1:vin = 0.25mm/s A constant velocityvin of 0.25 mm/s is given to
the proximal end of the wire. The motion is reversed after 20 s and the cycle is
repeated. Initially, there is no rotational motion combined with the axial mo-
tion. The input and output forces are measured and the logarithm of the force
ratio, ln(Fin/Fout)trans, is calculated. The experiment is repeated with the same
axial motion combined with the rotational speedωin = π/2 rad/s. The rotation
motion is reversed after 10 s and the cycle is repeated. The input and output
forces are measured and the logarithm of the force ratio, ln(Fin/Fout)comb, is
calculated for the combined motion.

The ratioζ is calculated using Eqn. (5.11) where the denominator is obtained
from the mean value of|ln(Fin/Fout)trans|. Figure 5.12(a) shows the plot of the
ratio ζ with respect to the input displacement. Here, we observed that when
the translation motion is combined with the rotation motion, the value of the
ratioζ is reduced considerably. For a translation speed ofvin = 0.25 mm/s and
rotation speed ofπ/2 rad/s, the calculated value of angleφ is 68.3◦. The value
of the ratioζ for the combined motion is also compared with the analytical
result, cosφ= 0.37. As the rotation motion changes direction every 10 s, we
observe an increase in the value ofζ at the end of stroke and also halfway.
This is expected as there is no rotation momentarily and, therefore, the value
of ζ approaches towards 1.0. However, the value ofζ reduces as soon as the
rotation commences.

The value ofζ is calculated for another value of the angular rotationωin =

π/3 rad/s combined with the axial motionvin. The value ofζ is also compared
with the corresponding value of the analytical value, cosφ. The results are
summarized in Tab. 5.3. The reduction in the ratioζ with respect to the veloc-
ity ratio is observed in the experiments, although the experimental reduction is
somewhat smaller than the analytical values. The rms values ofζ are also cal-
culated for different velocity ratios and shown in Tab. 5.3. The rms values are
relatively high due to velocity reversals in the rotational direction. The sudden
change in the velocity also excites the higher modes and leads to oscillations,
which is reflected in the rms values.

Case 2: vin = 0.5 mm/s In this case, a constant input velocityvin =

0.5 mm/s is given to the proximal end. The motion is reversed after 10 s and
repeated. The translation motion is combined with different rotational speed
ωin—0, π/2 andπ rad/s. The rotation motion is reversed after every 5 s. Fig-
ure 5.12(b) shows the plot of the ratioζ for rotation input ofωin = π rad/s and
translation input ofvin = 0.5 mm/s with respect to the input displacementxin.
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Fig. 5.12: Comparison of the ratioζ for the combined motion—a rotational speedωin with a
translation motion inputvin. The corresponding analytical values of the ratioζ = cosφfor the
combined motion are also shown.
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Table 5.3: Comparison of the ratioζ for constantvin combined with constantωin

ζ

Translation Rotation Analytical Experimental
vin, [mm/s] ωin, [rad/s] cosφ mean rms

0.25
0 1.0 1.0 0.15
π/3 0.51 0.71 0.24
π/2 0.37 0.51 0.24

0.5
0 1.0 1.0 0.14
π/2 0.62 0.48 0.13
π 0.37 0.36 0.14

1.0
0 1.0 1.0 0.11
π/2 0.85 0.95 0.20
π 0.62 0.70 0.18

The analytical value of the ratioζ is also shown for comparison, which is equal
to cosφ.

Again, the combined motion results into a reduction in the value of theζ.
The value ofζ reduced to 0.36 as compared to the theoretical value of 0.37 for
vin = 0.5 mm/s andωin = π rad/s. As the rotation motion corresponding to
ωin = π rad/s reverses after 5 s, there is no rotation momentarily. As a result,
the value of the ratioζ approaches towards 1 at the end of stroke and halfway.

The value of theζ is calculated for another value of the angular rotation
ωin = π/2 rad/s combined with the axial motionvin. The results are summa-
rized in Tab. 5.3. The reduction in the ratioζ with respect to the velocity ratio
is observed. The rms values ofζ are of the order of 0.15 (see Tab. 5.3).

Case 3:vin = 1.0 mm/s The translation speedvin is changed to 1.0 mm/s.
The translation motion is combined with different values of rotational speed
ωin—0, π/2 andπ rad/s. Both the motions are reversed at the same time after
every 5 s. Figure 5.12(c) shows the plot of the ratioζ for the rotation input
of ωin = π rad/s and translation input ofvin = 1.0 mm/s. The plot the ratioζ
is compared for no rotation motion combined with the translation input. We
observe the reduction in the value ofζ as the translation motion is combined
with the rotation motion. The analytical value of the ratioζ for the given
velocity ratiovc/va is also shown. The value ofζ reduced to 0.70 as compared
to the theoretical value of cosφ = 0.62 forvin = 1.0 mm/s andωin = π rad/s.

The value of theζ is calculated for another value of the angular rotation
ωin = π/2 rad/s combined with the axial motionvin. The results are summa-
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rized in Tab. 5.3. The reduction in the ratioζ with respect to the velocity ratio
is observed. The rms values ofζ are of the order of 0.20 (see Tab. 5.3).

The translation and rotation inputs are abruptly changing the direction of
motion. As a result, we see transient vibrations in both the directions. The
velocities in translation and rotation along the wire suffer from oscillations;
and they are no more constant as the input motion. The ratioζ depends on
the velocity ratio at the individual contact points and, therefore, we observe
oscillations in the experimental results as shown in Fig. 5.12. This is also
reflected in the rms values ofζ as shown in Tab. 5.3. Nevertheless, the effect of
the combined motion on the ratioζ is observed in all the cases as hypothesized.
The experimental results show that the value of the ratioζ decreases as the
velocity ratiovc/va increases as shown in Tab. 5.3.

Constant translation vin with sinusoidal rotation input

In this case, the constant velocity inputvin is combined with the sinusoidal
rotation input. The sinusoidal rotation input provides a wide range of velocity
ratios in one experiment. Moreover, the dynamic effects will be less excited
due to a smoother rotation input as compared to the constant rotation input
where the direction of rotation changes abruptly.

Case 1: vin = 0.25 mm/s A constant translation inputvin = 0.25 mm/s
is combined with a sinusoidal rotation input of amplitudeA = 2π rad and fre-
quencyf = 0.1 Hz. The translation motion is reversed after 20 s and repeated.

The input and output forces are measured and the logarithm of the force ra-
tio, ln(Fin/Fout), is calculated. The ratioζ is calculated for the entire motion
range of 40 s. The analytical value of the ratioζ is calculated using Eqn. (5.14)
from the input translation motionvin and the circumferential velocityvc corre-
sponding to the rotation inputωin. Figure 5.13 shows the plot of the ratioζ for
the entire motion range. The experimental result showed a similar qualitative
behavior as predicted by the analytical solution. There is a large reduction in
the value of the ratioζ as the rotational speed approaches to the maximum. As
the rotational speed approaches towards zero, the value of the ratioζ increases
to the maximum. The plots corresponding to no rotation motion are also shown
for the comparison.

A lag is observed in the response as compared with the analytical value.
A lag in the response is expected due to static and dynamic effects. Friction
and the stiffness leads to virtual play. The system has finite inertia and limited
stiffness, which leads to some lag. However, we try to minimize the dynamic
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Fig. 5.13: Comparison of the ratioζ for the translation motion inputvin = 0.25 mm/s combined
with the sinusoidal rotational input of amplitudeA = 2π rad and frequencyf = 0.1 Hz. The
corresponding analytical value of the ratioζ is also shown.

effects by reducing the actuation frequency well below the fundamental fre-
quency (of the order of 2 Hz). As we observe from Eqn. (5.14), the ratioζ is
dependent on the velocity ratiovc/va. The velocities along the length of the
instrument lag as compared with the input velocities. Therefore, the instan-
taneous value of angleφ and, hence, the analytical value of the ratioζ will
be different. Since we provided a sinusoidal rotation input and the response
depends on the velocity inputs, we applied a Fourier fit of a fundamental fre-
quency of same magnitude as the rotation input. Moreover, we limited the
number of harmonics to capture the overall characteristics but not the noise. A
Fourier fit is applied to the experimental value ofζ [37]. The Fourier series is
expressed as

ζ f it = a0 +

n∑

i=1

aicos(nωt) + bisin(nωt). (5.20)

Here, the fundamental frequencyω = 2π f and the number of harmonics in the
seriesn = 2 is used. The fit is performed separately for both forward and re-
verse stroke of translation motion. The absolute value of the ratioζ is analyzed
for both the cases. The lagδt is obtained by comparing the maximum values
of ζ from the fitted and analytical plots in time. Figure 5.14 shows the fitted
curve with the experimental plot ofζ with respect to the input displacementxin

for both forward and reverse stroke of motion. The analytical plots have been
adjusted in time using the obtained lag and are also shown in Fig. 5.14.

The overall reduction in the value ofζ is obtained from the maximum and
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Fig. 5.14: Comparison of the ratioζ for a translation motion inputvin = 0.25 mm/s combined
with a sinusoidal rotational input of amplitudeA = 2π rad and frequencyf = 0.1 Hz. A Fourier
fit to the experimental plot and the corresponding shifted analytical plot are also shown.
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minimum values of the fitted curveζ f it and compared with the analytical result.
The maximum value corresponds to when there is only translation motion and
the minimum value corresponds to the translation motion combined motion
with the maximum rotational speed. The results are shown in Tab. 5.4. There
is a large reduction inζ due to the combined motion. The maximum reduction
achieved in this case is 78 % in forward stroke and 75 % in reverse stroke
compared to the theoretical reduction of 84 %.

The deviation in the ratioζ is calculated from the fitted curve as well as from
the analytical curve. In this case, the analytical plot has been already shifted
according to the lagδt. The lag is expressed as a non-dimensional parameter
δt/T, whereT = 1/ f . The error in the ratioζ is calculated from both the plots.
The experimental results deviated by 17 % and 9 % in the forward and reverse
stroke of motion as compared to the analytical results. The deviation is due to
static and dynamic effects related to friction, inertia and stiffness. The effective
frictional force is also not constant as it depends on the instantaneous velocity
ratio. Nonetheless, we observed a large reduction in the ratioζ if we combine
the translation motion with the rotation motion.

Case 2a:vin = 0.5mm/s Similar experiments are performed with a trans-
lation inputvin = 0.5 mm/s combined with a sinusoidal rotation input of ampli-
tudeA = 2π rad and frequencyf = 0.1 Hz. The translation motion is reversed
after 10 s. Figure 5.15 shows the plot of the ratioζ with respect to the input
displacementxin. The experimental and analytical results are compared for the
combined motion as well as for no rotation. We observed similar reduction in
the value of the ratioζ for the combined motion as expected from the analytical
result. A Fourier fit with f = 0.1 Hz andn = 2 is applied to the experimen-
tal data separately for both forward and reverse stroke of translation motion.
The measurements were taken for 2 cycles of motion. The lag is obtained by
comparing the fitted and analytical plots. The analytical plot is shifted accord-
ingly. Figure 5.16 shows the different plots—experimental, fitted and shifted
analytical—forvin = 0.5 mm/s combined with a sinusoidal rotational input of
amplitudeA = 2π rad and frequencyf = 0.1 Hz. Different plots are shown
only for the forward stroke of motion.

We observed a reduction of 63 % in the value ofζ in both forward and
reverse stroke of motion as compared to 70 % analytically as shown in Tab. 5.4.
A mean deviation of 18 % and 9 % is observed in forward and reverse stroke
of motion from the analytical solution. A reduction inζ is observed for the
combined motion in accordance with the analytical result.
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Fig. 5.15: Comparison of the ratioζ for the translation motion inputvin = 0.5 mm/s combined
with the sinusoidal rotational input of amplitudeA = 2π rad and frequencyf = 0.1 Hz. The
corresponding analytical value of the ratioζ is also shown.
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Fig. 5.16: Comparison of the ratioζ for a translation motion inputvin = 0.5 mm/s combined
with a sinusoidal rotational input of amplitudeA = 2π rad and frequencyf = 0.1 Hz. A Fourier
fit to the experimental plot and the corresponding shifted analytical plot are also shown.



5.3. Results 131

Table 5.4: Value ofζ for constantvin combined with sinusoidal rotational input of amplitude
A and frequencyf

Value ofζ
vin A f

Direction
Analytical Experimental

(mm/s) (rad) (Hz) min ∆ζ max min ∆ζ δt/T

0.25 2π 0.1
Forward 0.16 0.84 0.99 0.21 0.78 -0.04
Reverse 0.16 0.84 0.90 0.15 0.75 -0.05

0.50

2π 0.1
Forward 0.30 0.70

1.04 0.44 0.60 -0.05
1.08 0.42 0.66 -0.05

Reverse 0.30 0.70
0.99 0.35 0.64 -0.06
0.98 0.36 0.62 -0.06

3π 0.2
Forward 0.11 0.89

1.14 0.19 0.95 -0.04
1.14 0.20 0.94 -0.04

Reverse 0.11 0.89
0.99 0.15 0.84 -0.05
0.99 0.14 0.85 -0.05

1.0 3π 0.2
Forward 0.21 0.79

1.03 0.32 0.71 -0.03
1.09 0.33 0.76 -0.03

Reverse 0.21 0.79
0.94 0.26 0.68 -0.05
0.94 0.27 0.67 -0.05
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Fig. 5.17: Comparison of the ratioζ for the translation motion inputvin = 0.5 mm/s combined
with the sinusoidal rotational input of amplitudeA = 3π rad and frequencyf = 0.2 Hz. The
corresponding analytical value of the ratioζ is also shown.

Case 2b:vin = 0.5 mm/s In this case, we combined the translation input
vin = 0.5 mm/s with a sinusoidal rotation input of amplitudeA = 3π rad and
frequencyf = 0.2 Hz. The amplitude and frequency of the rotation input are
increased to get a higher velocity ratiovc/va and, thus, to achieve a higher
reduction inζ. Figure 5.17 shows the plot of the ratioζ with respect to the
input displacementxin. We observed a further reduction in the value of the
ratio ζ as compared to Fig. 5.15. Here, a Fourier fit withf = 0.2 Hz andn = 3
is applied to the experimental value ofζ. The analytical plot is shifted by the
lag. The results are compared separately for the forward and reverse stroke of
translation input for 2 cycles. Figure 5.18 shows the different plots of the ratio
ζ for the forward stroke of motion.

We obtained an increased reduction of 95 % and 85 % inζ in the forward
and reverse stroke of tranlation input as compared to analytical reduction of
89 % as shown in Tab. 5.4. We observed a mean deviation of 22 % and 14 %
in ζ in the forward and reverse stroke of motion as compared to the analytical
solution. The deviation is larger as compared to the previous case. However,
the overall reduction inζ is observed for both forward and reverse stroke of
motion in accordance with the analytical solution.

Case 3: vin = 1.0 mm/s In this case, the translation input motion is in-
creased tovin = 1.0 mm/s. The direction of motion changes after 5 s. The
rotation input is given as a sinusoidal input of amplitudeA = 3π rad and fre-
quency f = 0.2 Hz. Figure 5.19 shows the plot of the ratioζ with respect to
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Fig. 5.18: Comparison of the ratioζ for a translation motion inputvin = 0.5 mm/s combined
with a sinusoidal rotational input of amplitudeA = 3π rad and frequencyf = 0.2 Hz. A Fourier
fit to the experimental plot and the shifted analytical plot are also shown.
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Fig. 5.19: Comparison of the ratioζ for the translation motion inputvin = 1.0 mm/s combined
with the sinusoidal rotational input of amplitudeA = 3π rad and frequencyf = 0.2 Hz. The
corresponding analytical value of the ratioζ is also shown.

the input displacementxin. The experimental results show a reduction inζ as
expected from the analytical results. A lag is also observed as in the previous
cases. A Fourier fit withf = 0.2 Hz andn = 3 is applied separately for the
forward and reverse stroke of translation input for 2 cycles. Figure 5.20 shows
the experimental, fitted and the analytical shifted plots forζ for the forward
stroke of motion.

We obtained a reduction of 73 % and 67 % inζ for the forward and reverse
stroke of translation motion as compared to analytical reduction of 79 % as
shown in Tab. 5.4. A mean deviation of 16 % and 7 % is observed in the
forward and reverse stroke of motion as compared with the analytical solution.



134 Chapter 5. Improved Force Transmission

0 1 2 3 4 5
0

0.2

0.4

0.6

0.8

1

xin, [mm]

ζ

ExperimentalFitted

Analytical

Fig. 5.20: Comparison of the ratioζ for a translation motion inputvin = 1.0 mm/s combined
with a sinusoidal rotational input of amplitudeA = 3π rad and frequencyf = 0.2 Hz. A Fourier
fit to the experimental plot and the corresponding analytical plot are also shown.

5.4 Discussion

Assumptions are made to simplify the analytical model and use it as a tool to
estimate the improvement in the force transmission due to the combined mo-
tion. We assumed uniform contact and motion transmission along the length
of the flexible instrument. However, as the wire is flexible in bending and rota-
tion, the motion at the distal end and all the intermediate contact points will not
be same as the input motion at the proximal end. In this study, we compared
the simulation and experimental results with the analytical result with respect
to the input motion both in translation and rotation. The analytical formulation
assumes that the wire is fully compliant in bending and rigid in axial direction
and torsion. Nonetheless, the analytical formulation provides the basis of the
study and can be used as a guiding principle for further study.

Friction, inertia and the compliance of the instrument leads to deviation from
the analytical formulation. The effect of these parameters are observed in the
experiments. The flexible multibody can be useful to further investigate the
effect of combined motion on various kinematic and dynamic behaviour.

Friction between the instrument and the tube is another challenge. The value
of µ is not constant and varies over a range. Therefore, we estimated the value
of µ for each set of experiments. Nonetheless, we are keen on overall reduction
in ζ over a cycle, the absolute value of the friction force is not required.

The reduction inζ leads to improved force transmission along the axial di-
rection. The application is not only limited to the robotic surgical application,
but can be also applied to many mechanical transmission problems using flex-
ible wires through tubes.
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5.5 Conclusion

In this paper, we presented how the force transmission of a flexible instrument
inside a tube is improved along the axial direction by combining the translation
motion input with rotational motion input. An analytical model is derived to
calculate the reduction in friction force. The ratioζ is defined to measure the
reduction in the friction force along the axial direction due to the combined
motion. We set up a flexible multibody model of an instrument inside a curved
rigid tube and compared the simulation results with the analytical solution. The
simulation result showed a reduction of 80 % in the value ofζ in accordance
with the analytical result for the given velocity ratiovc/va.

We showed the reduction in the ratioζ through several experiments com-
bining different constant translation inputvin with constant and sinusoidal ro-
tation input with different amplitudes and frequencies. A maximum reduction
of 84 % is obtained against a reduction of 89 % calculated analytically. Static
and dynamic effects lead to a deviation from the analytical solution. The reduc-
tion in the friction force ultimately results into improved force transmission.
The developed analytical model offers a simple though effective estimate of
the amount of reduction in friction force in axial direction. The knowledge of
force transmission with a combination of motions can be used to increase the
force fidelity of a flexible instrument in applications like robotic surgery with
a flexible instrument. The developed insight can also be useful in designing
mechanical transmission using flexible wires, cables and tubes.
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6
Conclusions and

Recommendations

6.1 Conclusions

The overall objectives of the research are restated as:

Characterization of static and dynamic behaviour of a flexible sur-
gical instrument inside a curved rigid tube—both for translation
and rotation motion input; develop a 2-D and 3-D flexible multi-
body model; design a dedicated experimental set-up for the actu-
ation and measurement of motion and interaction forces; and to
derive strategies to improve motion and force fidelity of the instru-
ment.

The objectives and the conclusions of the individual chapters are recapitulated
in the following sections. The overall conclusion is discussed thereafter in
Section 6.1.5. The recommendations for the future work are summarized in
Section 6.2.
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6.1.1 2-D Flexible Multibody Modelling

The objective of Chapter 2 is:

Develop a 2-D flexible multibody model of an instrument to study
its sliding behaviour inside a curved rigid tube.

The focus is to develop a computational model for a planar case which in-
corporates not only the geometry but also the necessary mechanical properties
of the system and the contact model. The model should be able to determine
the characteristic behaviour during insertion and for fine manipulation of the
instrument in translation.

A 2-D flexible multibody model of a flexible instrument constrained inside
a curved rigid tube was developed. A static friction based contact model was
implemented. The simulations showed the forces acting at different nodes on
the instrument during insertion inside a curved tube of different shapes. The
simulation results for fine manipulation showed motion hysteresis and stick-
slip behaviour. The coefficient of friction has a large influence on the motion
hysteresis whereas the bending rigidity of the instrument has little influence.

6.1.2 Design and Evaluation of an Experimental Set-up

The objective of Chapter 3 is:

Design and evaluation of an experimental set-up for the validation
of the developed flexible multibody model and characterization of
flexible instruments for surgical application.

The design specifications were chosen with respect to a typical surgical
scenario—with a flexible instrument inside an endoscope—where the surgeon
controls the instrument from its proximal end. The experimental set-up con-
sists of three basic modules—Actuation module (AM), Force sensing module
(FSM), and Tip motion measurement module (T3M).

The 2-DOFs AM provides the actuation in axial and twist direction from
the proximal end of the flexible instrument independently with a resolution of
0.1 µm and 0.005 deg respectively. The 2-DOFs T3M achieves contactless
measurement of the distal end motion in axial and twist direction via an air
bearing guided cam. A measurement resolution of 15µm and 0.15 deg are
achieved in translation and rotation. The 6-DOFs FSM measures the force
and moment exerted by the flexible instrument on the curved tube. The force
resolution of 9 mN and the force and moment error of 0.8 % and 2.5 % respec-
tively are achieved by the FSM. The three modules of the set-up conform to
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the design objectives and hence were suited for the validation of the developed
model of the flexible instrument inside a curved rigid tube.

6.1.3 3-D Modelling and Experimental Validation

The objective of Chapter 4 is:

Set up a 3-D flexible multibody model of a surgical instrument to
study its translational and rotational behavior in a 3-D environ-
ment, and validate the model with experimental results.

A 3-D flexible multibody model of the instrument was set up. The 2-D
model was able to characterize the instrument behaviour only in translation
and for only a planar tube (Chapter 2). The developed 3-D model is able to
characterize the instrument behaviour in both translation and rotation, and for
any 3-D tube geometry. The contact model is redefined with respect to 3-D
tubes of different geometry. The effect of various parameters in motion and
force transmission was studied through various simulations in translation and
rotation.

The simulations show the stick-slip behavior and motion hysteresis when
the input velocity changes direction. However, the magnitude of stick-slip
is greatly reduced when the distal end is preloaded in tension. The motion
hysteresis is reduced from 2.8 mm to 0.6 mm. The ratio of the input force at the
proximal end to the spring load at the distal end is compared with the capstan
equation. The simulation results show a deviation of 1.8 % in the estimation of
input force. The simulations for rotational motion show a motion hysteresis of
the order of 0.4 degree for the unloaded case. The motion hysteresis in rotation
increases considerably with different flexural rigidity along the two principal
axes and with a pre-curvature. A difference in the flexural rigidity along the
principal axes and a pre-curvature result in a whipping action.

Experiments are performed to validate the developed model for motion and
force transmission in translation and rotation using the designed experimental
set-up (Chapter 3). The set-up is also used to estimate the coefficient of friction
µ. Measurement of the input force shows a deviation of the order of 1 % from
the analytical solution obtained from the capstan equation. The measured out-
put rotation of the distal end with respect to the input rotation of the proximal
end is in agreement with the simulation result. The developed 3-D model of a
flexible instrument in a curved rigid tube is used to study the effect of various
parameters for different geometric configurations for both in translation and
rotation.
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6.1.4 Improved Force Transmission

The objective of Chapter 5 is:

Improve the force transmission of the flexible instrument along
the axial direction through a curved rigid tube by combining the
translation input motion with rotational motion.

An analytical model is derived to calculate the reduction in friction force
and, thus, the improvement in the force transmission along the axial direction
by combining the translation motion input with a rotational motion input. The
ratio ζ is defined to measure the reduction in the friction force along the axial
direction due to the combined motion. A flexible multibody model of an in-
strument inside a curved rigid tube was set up and the simulation results are
compared with the analytical solution. The simulation result showed a reduc-
tion of 80 % in the value ofζ in accordance with the analytical result for the
given velocity ratiovc/va.

Several experiments were performed with different combinations of constant
translation inputvin with constant and sinusoidal rotation input with different
amplitudes and frequencies. A reduction of 84 % is obtained against a re-
duction of 89 % calculated analytically. Static and dynamic effects lead to a
deviation from the analytical solution. The reduction in the friction force ul-
timately results into improved force transmission. The developed analytical
model offers a simple though effective estimate of the amount of reduction in
friction force in axial direction. The knowledge of force transmission with a
combination of motions can be used to increase the force fidelity of a flexi-
ble instrument in applications like robotic surgery with a flexible instrument.
The developed insight can also be useful in designing mechanical transmission
using flexible wires, cables and tubes.

6.1.5 Overall Conclusion

In this thesis, we highlighted the increased use of a flexible endoscope and
instruments to perform advanced surgical procedures. We characterized the
static and dynamic behaviour of a flexible instrument using developed compu-
tational models and experiments. We developed a 2-D and 3-D flexible multi-
body model of a flexible instrument inside a curved rigid tube (Chapter 2 and
Chapter 4 respectively). We studied the motion and force transmission charac-
teristics of a flexible wire in a curved rigid tube using the 2-D and 3-D model.
For a planar case, the 2-D model can be used to characterize the instrument
behaviour in any complex-shaped tube in translation. However, the 3-D model
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will be needed for the rotational behaviour as well as for a complex-shaped
tube in 3-D space. We showed the effect of friction and bending stiffness on
motion hysteresis (Chapter 2). We also showed the effect of different flex-
ural rigidities (EIy , EIz) along the principal axes of the wire and of the
pre-curvature on the whipping action which is highly undesired and unsafe
for surgical application (Chapter 4). The force transmission characteristics
were compared with the capstan equation and with the experimental results.
We designed an experimental set-up and evaluated with respect to the design
specifications required for model validation and characterization of the instru-
ment (Chapter 3). The set-up enabled us to measure all the six components of
the interaction force between the instrument and the curved rigid tube. Dif-
ferent combinations of motion in translation and rotation can be given to the
proximal end of the wire and the output motion of the distal end can be mea-
sured simultaneously. We used the set-up and performed several experiments
with different tubes and different dimensions of flexible wires. This led us to
the research of combined input motions to improve force transmission. We
developed the analytical model; and used the developed 3-D model and the
experimental set-up to validate the analytical result. The force transmission of
a flexible instrument has improved considerably by combining the translation
with the rotational input motion (Chapter 5).

Therefore, we can conclude that we achieved the objectives of the research
stated in the beginning of this thesis. We can use the developed model to pre-
dict the motion and force transmission characteristics of a flexible instrument
for the given mechanical properties of the instrument, contact parameters and
the geometry of the endoscope. Inversely, we can also calculate or recommend
the desired mechanical properties of the flexible instrument for given motion
and force transmission characteristics of the instrument. The developed strat-
egy to alleviate frictional force and, thus, to increase force transmission, can
be implemented in the overall control structure to bring more transparency into
the system. The set-up can be used to measure the motion and forces at the
proximal and distal ends of the instrument to further characterize the instru-
ment behaviour. A better insight into a flexible instrument behaviour inside
an endoscope leads to its successful and safe introduction in a master-slave
robotic system. This also brings more confidence in using flexible devices for
clinical usage.
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6.2 Recommendations

We highlighted some pertinent questions towards introducing flexible endo-
scopic systems for advanced surgical procedures in Chapter 1. The future
research directions are summarized with respect to limitations with compu-
tational modelling, characterization of actual or developed instruments for ad-
vanced surgical procedures and improvement in the experimental set-up in the
following sections.

6.2.1 Modelling and Simulation

A good computational model has to be accurate and fast. There are two key
areas where the future research can focus towards achieving an accurate and
comprehensive model for flexible endoscopic surgical system and its interac-
tion with the tissues.

• Flexible endoscope and interaction with tissues.A computational model
is required to develop insight how a flexible endoscope interacts with
the surrounding organs and how the motion of the endoscope shaft—
insertion and twist—facilitates proper navigation and avoids looping in-
side the body. Moreover, the interaction of the instrument tip with the
tissues will also exert forces on the endoscope and can deform the over-
all geometry. An advanced model should be able to include all these
features and can be used to develop more insight in handling and carry-
ing out surgical interventions.

• Computational time. The simulations for rotational input were com-
putationally very heavy and were taking hours and even days in some
cases. Friction is one of the problems, particularly, near the zero mo-
tion range. Ways to reduce the overall computational time are necessary
without affecting the accuracy. This will be desired as we want to use
the model to predict the behaviour under more complex scenarios like
when the endoscope is fully inside the colon. The computational time
will be critical when all the components of the model are there and we
want to simulate the individual behaviour.

6.2.2 Design of a Flexible Instrument

The instrument has a very critical role in accomplishing a surgical task suc-
cessfully and safely. It has to be flexible but, at the same time, it has to be rigid
enough to transmit the motion and force required to accomplish the task at the
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distal end. The advanced surgical procedures entail new design requirements
for the instrument. It is also equally important to know how these mechanical
properties affect the overall performance. Integrating these instruments with
the robotic technology poses new requirements. Therefore, future directions
can be proposed with respect to the design and integration of flexible instru-
ments for advanced surgical procedures as follows:

• Measurement of mechanical properties of an instrument.The model
of the instrument requires mechanical properties of the actual instru-
ment. An average and equivalent mechanical property can be obtained
through various experiments. An FEM model can be also investigated
incorporating all the construction details of the instrument. The same
can be applied to the flexible endoscope. Estimation of physical pa-
rameters like friction and damping is also very challenging, but they are
necessary components of the modelling to get sufficiently good result.

• Develop a building block to use in system model.A system block can
be identified consisting of a curved tube in one direction with radius
of curvature and angle of wrap. A known characteristic behaviour of a
flexible instrument inside a curved tube consisting of one bend leads to
define parameters of a transfer block in system definition. The entire
complex shape of the tube can be broken down into several curved tubes
of single bends and the system behaviour can be analyzed. This can be
useful in model-based control design.

6.2.3 Improvement in the Experimental set-up

The developed experimental set-up fulfills the requirement necessary for the
model validation. However, the design of the set-up can be further improved to
include accurate actuation and measurement. The following recommendations
are made to improve the experimental set-up for future applications:

• The AM used geared motors for actuation in translation and rotation.
This introduces backlash. Moreover, due to a high gear ratio, the motor
is able to overcome any fluctuation in the load. However, it is not desired
in a real surgical application as the motor does not see any change in the
load and can be dangerous. Therefore, a direct drive is preferred.

• The FSM can be re-calibrated using proper calibration techniques to im-
prove the accuracy further.
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• The cam used in the T3M has large rotational inertia together with the
shaft used for the attachment. Due to the limited rotational stiffness
of the slender wire, the natural frequency is of the order of 1–2 Hz,
depending on the diameter and length of the wire. The cam and the
attachment can be redesigned to reduce the inertia.

6.2.4 Other Applications

In medical science, the developed model can be used for catheter insertion.
The model can be further developed to include catheter interaction with the
blood and artery walls.

Cable-driven system can be analyzed using the developed model. Many
systems, these days, employ cable or wire transmission to actuate end manipu-
lator from the base. Flexible or rigid tubes are used to guide these cables. The
motion and force transmission of the cables are greatly reduced due to friction
and clearance.

There are industrial endoscopic systems also which are used for inspection
and maintenance particularly in the aerospace industry. New tools can be de-
veloped to access and maintain things in the complex and hard to reach spaces.
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A
The PlanarBeam Element

Figure A.1 shows a planar beam element in anxy inertial coordinate system.
It consists of two nodes,p andq, defined at the either end of the beam. The
configuration of the beam element is described by the position vectors,xp and
xq, of the end nodes,p andq, and the angular orientation of the orthonormal
triads, (nx, ny), rigidly attached to the element nodes [63]. The rotation part
of the motion of the beam element is described by the planar rotation matrices
Rp andRq, defined by

Rp =

[

cosφp − sinφp

sinφp cosφp

]

, Rq =

[

cosφq − sinφq

sinφq cosφq

]

. (A.1)

The nodal coordinates of the beam element are four Cartesian coordinates (xp,
yp), (xq, yq) describing the position of the beam in the (x, y)-coordinate system
and two rotation anglesφp andφq representing the angular orientation of the
base vectors (Rpnx, Rpny) and (Rqnx, Rqny) at the nodesp andq respectively.
Hence the vector of nodal coordinates is given by

x(k)
beam=

[

xp, yp, φp | xq, yq, φq
]T
. (A.2)

There are three deformation modes defined for the planar beam. The defor-
mationǫ(k)

1 represents the elongation of the element, and the other two defor-

mation modes,ǫ(k)
2 andǫ(k)

3 , are associated with the flexible deformation of the
beam element. They are defined as [1,21,63]:

elongation: ǫ
(k)
1 = D

(k)
1 (x(k)) = l(k) − l(k)

0 ,

bending: ǫ
(k)
2 = D

(k)
2 (x(k)) = −(Rpny, l(k)),

ǫ
(k)
3 = D

(k)
3 (x(k)) = (Rqny, l(k)),

(A.3)
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Fig. A.1: The planar flexible beam element

wherel(k)
0 is the reference length of the element,l(k) is the length of the vector

l(k), and the vectorl(k) is defined by

l(k) = xq − xp = [xq − xp, yq − yp]T . (A.4)

The operator (a,b) denotes the inner product of vectorsa andb.



Summary

Flexible instruments are increasingly used to perform advanced and complex
surgical procedures either manually or robotically. The success of flexible in-
struments in surgery requires high motion and force fidelity, and controllability
of the tip. However, the friction and the limited stiffness of such instruments
limit the motion and force transmission of the instrument. The implementation
of flexible instruments in surgery necessitates characterization of the flexible
instruments, development of proper tools to understand the effect of various
mechanical parameters on the overall performance, and an improvement in
motion and force fidelity.

Therefore, the objective of this research is stated as:Characterization of
static and dynamic behaviour of a flexible surgical instrument inside a curved
rigid tube—both for translation and rotation motion input; develop a 3-D flexi-
ble multibody model; design a dedicated experimental set-up for the actuation
and measurement of motion and interaction forces; and derive strategies to
improve motion and force fidelity of the instrument. We developed a 2-D flex-
ible multibody model and studied the sliding behaviour of the instrument with
respect to the coefficient of friction and the bending stiffness of the instrument.
Later, We developed a general 3-D flexible multibody model to study the static
and dynamic behaviour of the instrument both in translation and rotation. The
developed model is able to demonstrate the characteristic behaviour of the flex-
ible instrument for a given set of parameters. The simulation results showed
a deviation of 1.8 % in the estimation of input force compared with the ana-
lytical capstan equation. The simulation results showed the motion hysteresis
in translation and rotation. The onset of whipping motion in rotation is also
observed due to a pre-curvature and a difference in the flexural rigidity along
the principal axes of the instrument.

An experimental set-up is designed to provide the input motion both in trans-
lation and rotation from the proximal end, to measure the distal end motion
without contact, and to measure the interaction forces between the instrument
and the endoscope. The set-up is evaluated with respect to the design specifi-
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cations. The achieved specifications allow measurement of the characteristic
behaviour of the instrument inside a curved rigid tube and the validation of the
flexible multibody model. We performed various experiments to validate the
developed model and also to characterize the instrument behaviour.

We derived strategies to improve motion and force fidelity of the instrument.
The force fidelity is increased by combining the motion. Analytical model
is presented and validated with the modelling and experimental results. A
reduction in the friction force increases the force fidelity of the instrument.
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Flexible instruments are increasingly used to perform advanced 
and complex surgical procedures either manually or robotically. 
The success of flexible instruments in surgery requires high 
motion and force fidelity, and controllability of the tip. However, 
the friction and the limited stiffness of such instruments limit their 
motion and force transmission. The implementation of flexible 
instruments in surgery necessitates their characterization, the 
development of proper tools to understand the effect of various 
mechanical parameters on their overall performance, and an 
improvement in motion and force fidelity. Therefore, this thesis 
describes 2-D and 3-D flexible multibody models of a flexible 
surgical instrument inside a curved endoscope, and covers the 
design and evaluation of a dedicated experimental set-up. The 
thesis also includes the evaluation of the models with the analytical 
and experimental results, and describes the strategy to improve 
force transmission along the axial direction due to the combined 
motion input at the proximal end of the instrument.
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