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The authors of the paper under  discussion have for a long time 
realized that there is a connection  between their results and the 
theory of inverse systems. They were not aware of the existence of 
published results concerning stable inverse systems,  however, and, 
therefore, are grateful to Dr. Godbole for pointing out his references 
[5] and 161. Corollary 5 of [6] straightforwardly leads to the con- 
dition for  asympotically vanishing regulation error as given in the 
paper under  discussion  for the case dim ( 2 )  = dim (u). Moreover, 
[6] gives  necessary and s a c i e n t  conditions for the case dim (u) > 
dim (z) ,  which  do not appear in the authors’ paper. 
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Comments on “An Extended MKY Lemma 
and Its Application” 

R. JOSSELSON AND Y. AKHTARZAD 

In the above  correspondence,’ Purkayastha and Mahalanabis 
assume that  the controller function f(y) satisfies the conditions: 
f(0) = 0, 0 I yf(y) I ky2, and -kl I dfldy I kt; k ,  kt > 0; kt > k. 
However,  following Yakubovich [I], from 0 I yf(y) I ky2 and --kl 
5 df/dy I k2 it follows that -kly2 5 yf(y) 5 k2yZ, and therefore, 
without loss of generality it can be assumed that kl 2 0 and lcz 2 k. 
We  would like to point. out  that  the lemma remains valid under 
t.hese  weakened  assumptions. 
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Correction to L 4 E ~ ~ n ~ m i ~  Tradeoffs  Associated with a 
Multilayer  Control  Strategy for a Class of Static Systemsy’ 

JOHN F. DONOGKO-E AND IRVING LEFKOWITZ 

In t.he above paper,’ the following typographical errors should 
be corrected. 

1) Page 8, column 1, line 9 of Section I11 should read: I ‘ .  . . where 
ri+’ > ri,r, = r,r1 2 1. We. . .” 

2) Page 8, column 2, the line immediately after (6) should 
read: “where ki+17i+l 5 ki7i I t < (ki + l)+i.” 

3) On page 11, column 1, in  the definition of the vector rn-l 
following (23), the vector rn-’ should not have a prime superscript. 
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Comments on “A Generalized  Gradient  Method for 
Control Problems with Inequality  Constraints 
and Singular Arcs” 

DANIEL TABAK 

In the above paper,‘ the authors present an application of Abadie’s 
and Carpentier’s [l], [2] generdized reduced gradient (GRG) 
algorithm to  optimal control problems. The  authors have ext,ended 
t,he algorithm and solved several interesting examples. 

Inadvertently, the authors made some vague and incorrect 
statements which require further clarification. 

A major point of criticism that the authors raise against previous 
solutions, quoted by them, is that only  control variables were  used 
8s the independent variables in the search procedure. This may be 
true for the publications which the authors chose to  read, but it is 
not true if we  look at a wider range of publications in this area. 
References [3] and [4] contain an extensive list of references (as well 
as several examples in [3]) where both  state and control variables 
were  used as independent variables in the optimization algorithm. 
In some  cases,  even time intervals were  used as independent variables 

The authors’ statement: “the inequality constraints are oft.en 
handled via penalty functions which result in poor  convergence,” 
is incorrect. It is true  that in many eases  when penalty functions 
are used the convergence is poor. The same statement can  be made 
about any other algorithm; none is perfect. However, it is a matter of 
record that good convergence  was obtained by  pena1t.y  met.hods  in 
many cases [3]-[8]. 

The inequality contraints adwcUy treated by the authors  are of the 
following elementary type: 

[31, [51. 

r ( t )  5 u(t) I d t ) .  

The authors further st.ate: “more general types of inequalit,y con- 
straints on x i  and ui can  be  reduced t.o the above box type of in- 
equalit,y constraints either by debing new state variables and aug- 
menting the  state vector or by dehing new control variables and 
tmnsforming the  state transition equations.” 

This statement is vague and unconvincing. Perhaps it happens to 
be true for the examples  picked  by the authors; however,  t.he  gen- 
erality of the stat,ement is very much  in doubt. For inst,ance, how 
would the authors handle the case with the following general form of 
constraints: 

g(x,u,t) 2 0 
h(x,u,t) = 0, t o  5 t I t, 

where g and h are in general  nonlinear vector functions? Problems 
of this class have been already solved by a penalty approach, which 
t.he authors so readily put down [3]-[5], [8].  A little more  clarifica- 
tion from t,he authors would be appreciated. 
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